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Chreng 1

CAN BAC HAI

TOM TAT LY THUYET

© Dinh nghia 1.1. V6i moi s6 thuc a > 0, ta c6 cin bac hai s6 hoc clia a.
Ky hiéu /a.

x>0
x:\/E<:>{ -,
T =a’.

Phép toan tim cin bac hai ctia s6 khong am goi 1a phép khai phuong.

@© Tinh chat 1.1.

0<a<be a<b.

© Dinh nghia 1.2.

® Cho biéu thic A > 0, ta goi VA la can thic bac hai ctia A va A goi 1a bidu thitc dusi dau
can.

® VA c6 nghia (hay xac dinh) khi A > 0.

$>Vidu 1. Tim diéu kién clia z, y dé biéu thitc sau c6 nghia

2r —
A= r3 +V2—x.
VA — 4y +1

N\

@ Tinh chat 1.2.

VA = |A].

CAC CONG THUC
Cho A, B, C la céac biéu thic.

a) VAB=+A-vV/B(A>0,B>0).

b) \/%:%(AZO,B>O).

c) Dua thira sé ra ngoai va vao trong dau cin
@ Néu B >0 thi VA2B = |A|V/B.
® Néu A >0, B> 0 thi AVB =VA?B.
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® Néu A <0, B>0tht AVB=—VA2B.

N\
$>Vidu 2. Dua thita s ra ngoai diu can
a) V20 = . b) VI8x2=........ .. .. ... (v6i z > 0)
c) VI8x2=... ... ... ... (v6i x < 0)
® Loi gidi.
(a) v20 = V225 = 2/5.
(b) V1822 = |z|v/2 - 3% = 32v/2 (v6i z > 0).
(c) V1822 = |z]|v/2- 32 = —3xv/2 (v6i x < 0).
0
[ — AN
$>Vidu 3. Dua thita s6 vao trong dau cin
) BV = b) 23 = ... (v6i x > 0)
C) 22V3 = i (véi x < 0).
® Loi gidi.
(a) 3v5 = V3T 5 = VI,
(b) 223 = \/(22)% - 3 = V1222 (v6i = > 0).
(c) 22v/3 = —/(27)2 -3 = —V/1222 (v6i x < 0).
U

d) Khi¥ miu trong dau cin

NéuABZO,B;éOthi\/%: vVAB

1Bl -

, . . 4
O Vidu 4. Khit mau trong dau can \/g =

e) Truc cian ¢ mau

@N@B>0thi%:¥.
C C(x/X:FB>
P3 > PIURRS _ '
©® NeuA>0,A#B thl\/Z:l:B 1
¢ C(VAzVB)

@ Néu A,B >0, A+ B thi

JA+tvVB  A-B
1. TomTATy HuvET BTN



\
&> Vidu 5. Truc cin thic § mau
3 1
B) o T b = o b0 000000 00a 60680580900
) 72 ) 54
c) 2 _
S poeUseaseassassaasassassasas:
N\ ——
® Loi gidi.
) S B2 _5V2
V2ooV2ev2 2
1 1- — V2 3—V2
V3+V2  (V3+V2)(V3-V2)  3-2
© 2 - 23+v2)  6+2V2  6+2V2
3-v2 (3-v2)(3++2) T
0
f) Phuong trinh chita dau can
B>0 A>Ohay B >0
) \/Z—B<:>{A:BQ. b m_@@{A:B
&> Vidu 6. Giai phuong trinh
a) Va2 —3r+1=1 b) vz2 -3z +1=1=z.
c) V2 —3z+1=+z+1. d) \/4.%—84—\/163:—32:5—#%\/91:—18.
N\ ——

(a) V2 =3z +1=1e2?-3z+1=12>-3r=0& !x—

x>0

(b) \/:v2—33:—|—1:.7;(:>{
()

22 —3r+1=2a?

® Loi gidi.

x>0 1
= =T = —.
—3x+1=0 3

r+1>0

\/x2—3x+1:\/x+1®{

z>—1
S 9, &
¢ —4x =0

x> —1
z=0

!xO@LZL
r=4

1
\/4x—8+\/16x—32:5+§\/9m—18

1
& \/4(33—2)+\/16(x—2):5+§ 9(z — 2)
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1
2Vr—2+4Vze —2=5+—=-3vVx — 2

= 3
& bhVvr—2=5
& Vr—2=1
&S r—-2=1
& o =3.
O
. @
e N4 °
N
&> Bai 1. Tim céc gia tri clia bién dé cac biéu thiic sau c6 nghia
a) ; e) vaz—ux+ 1. ) -5
V3z — 2 x—2
f) vV—22+42x—5.
b) 2— VI— 4z, 2 ) VR I3
— /922
1
d) VI -8z + 15 h) 3+ v—22. ) v/—2%+ 5z — 4.
N\ ——
[ — N\
¢S Bai 2. Loai b dau can va dau gia tri tuyet doi:
vVa+4 2
a) Va2 —dxr + 4 — 2x; b) %W’iix<—2;
\/ﬁ 2 _ —_
o) VETArE - ¢+ 8x + 6; d) vas —6r+9 x—3 ‘
T+ 4 r—3 V9 — 62 + 22
e
[—
> Bai 3. Tinh gia tri biéu thiec:
1
a) V912 — 122 +4 -9z + 1 véi z = 3’
i 5 2
b) V1022 — 122v/10 + 36 v6i = = \/;r \/g;
¢) vV9r% — 2422 + 16 — vz — 822 + 16 véi z = V/3;
2
d) V322 — 43z +4véiz =3 - —.
)V N
e
$>Bai 4. Tinh
a) 3v/2 — 4/18 + 2v/32 — V/50; b) 5v/48 — 44/27 — 2/75 + 1/108;
c) 2v/24 — 2v/54 + 3v/6 — \/150; d) V125 — 21/20 — 3+/80 + 4+/45;
e) 2v/28 4 2v/63 — 3v/175 + /112; f) 10v/28 + 21/275 — 3v/343 — g\/396;
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g) V7 —2V6;

h) V13 — 4/3;

a) (2+V3)V7—4V3;
c) V17 —3v32+ /17 + 3v/32;

e) (5+4v2)(3+2v1+2)

) (V5 —2v6+v2)V3
) 2417 — 4v/9 + 45

i) V7T—4v3 -2 D) V15— 66+ /33 — 121/6.
$>Bai 5. Tih
a) (3v2 — v3)(V3+3v2); b) (2v5 = VT)(2V5 + V7);
) 6 ——5\/7—1—14\/7; d)Q\/E_g i—G\/%;
0 V15 — /6 )\/_ V15
V35— 14 V88— V12’
)\/_—f_9—4\/3 ) 2v8-v12  VB+V2T
¥ TB-1 24 VIE— VA8 30+ Vi6z
SO Bai 6. Tinh

(3—2v1+2);

b) (V34 4)v/19 — 8+/3;

d) /49 — 5v/96 — /49 + 51/96;

f) (4+ vI5) (V10 — v6)v4 - V15
h) V4+2v3 - V5 +2V6+v2;

i) V134 30v2+ Vo + 4v3:

IE B cruonG 1. CANBAC HAI

k) Vv2+2v3+ V18— 8V2; 1) \/4+\/5\/§+5\/48—10\/m.
$>Bai 7. Tinh
'3 2 '3+2 b)i—l-ﬁ—l—i i_i
\/17—12f \/17+12f V3 3 VBV 12 Ve
6v2—4 2v6—+V11 6 3
) o VB 3 RN,V IR, RV TR L
1 2+ 3 2—v/3
e) 7—1'\/‘1_—%, f) \/_+\/r \/5_\/2_7
0 V2 v2 by Y2H VB4 VB + VB4
NI+ VB vE 22— vE V2+V3+ V4
2+ V3
) (5 4 2/6)(49 — 20v/6)/5 — 2v/6 ) >
9V3 — 11v2 | Y arvB 2 Ve




1 1

y

Vitva Viiva T t m v

1

1+£ 1_\/_§
k) 2 __ 4 2.

e
> Bai 8. Gidi phuong trinh
a) Va?+9=0>; b) v4x? — 20z + 25 = 1;
vVe—2+1 9x — 18
¢) Ve —1+2/r—2=2; d) v25z -5 —%:8 $16 .
- |
N\
$>Bai 9. Gidi phuong trinh
a) Va2 —x —2 =z —2; b) V12 —9=+/3 — x;

c) Ve —1+1=u;

e) VI+3+v2—a=3;

g) V(& —-12+ vz +4r+4=3;

d) V2522 = 30r + 9=z +T;

f) Va2 —z+ Va2 4z —2=0;

P

a—3+/a
a) (2— \/__3).(2
(Vz+1) (= - vay) (VT +5) |
(x—y)(\/ﬁ+x) 7

ve+1l o 1
T+ T+ T 22— T

g) \/x—m-\/x+m;
i (Qx—l—l Nz )

VB —1 z4+/z+1
<1+\/F

m—ﬁ)
k) (M_

c)

e)

VT4 /Y
2V
NEE N

o) -

I

y)+1)(

4> Bai 10. Rit gon (gia st cac diéu kien duge thod man)

_5va-vab
Vb -5

9-a 9-6ya+a
Va+3 N

d) (2_\/5)2_(\/54-3)2.
1+2yx ’

z—y+3/T+3y
VT —\/y+3

h) Vo+2vz—1—+vz—1

0 Ve -2yt —1+z+2/z -1

1 2
—2——+1
z T

b) 6

f)

St (g

Y

v )

2. sAITAP IR



B CHUONG 1. CAN BAC HAI

\
$>Bdai 11. Cho biéu thitc A = 20 BT /e I (z > 0). Chitng minh
r+3V/r+2 z+4+4/r+3 T+5/5+6
rang gia tri ctia A khong phu thuoc vao x.
\ e
— \\
4> Bai 12. Chobiéuthﬁ:cA:\/x_v4x_4+\/x+v4x_4-( S )
2?2 —4(x —1) r—1
a) Tim diéu kién ctia x dé A c6 nghia.
b) Rut gon A.
\ e
[—— N\
g 1 1  Vat-x
$OBai 13. Cho A = :
? Vi+vVi—1 Va—-+vi—-1 11—+
a) Tim diéu kién ctia x dé A c6 nghia.
b) Tim x dé A > 0.
- |
[—
4> Bai 14. ChoA:(ﬁ— ! )(x_ﬁ—x+ﬁ).
2 2z \Va+1l i-1
a) Rut gon A.
b) Tim gia tri ctia x dé A > —6.
\ e
— N\
- VT 2 1 ) ( L 10— x)
$>Bai 15. Ch Az( :
© it o at e VP
a) Rat gon A.
b) Tim gid tri ctia x dé A > 0.
N\ e
[— N\
Sr ? 4 2 1 1
<> Bai 16. Chobiéuthl’ICA:< Ve x+ )( VTt ——) (x > 0;z #4).
2—1—\/_ r—2/x T
a) Rat gon A.
b) TimxdéA:%l.
N\ e
[— AN
45 Bai 17. Cho bidu thie A= S—0VE+9  atdve+d
Ve —3 VI +2
a) Tim diéu kién ctia o dé A xéc dinh.
b) Riat gon A.




. 9
Tinh A biet x = 1—.
¢) Tin iet © T
N\ ——
[ —— \\
4 Baii 18. Cho biéu thie A= YET2 _VZFL 3 vo-l
V-3 Vi—-2 ‘z-5/z+6
a) Rt gon A.
b) Tim céc gid tri clia x dé A < —1.
¢) Tim céc gia tri ctia x € Z sao cho —2A € Z.
\ ——
[ — N\
4 Bai 19. Cho biéu thie A= —¥° 9 __ve+3 2vatl
T—5Vz+6 vz-2 33—z
a) Tim diéu kién ctia x dé A c6 nghia.
b) Tim céc gid tri nguyén ciia x dé A € Z.
N\ ——
| —— AN
$>Bai 20. Cho a > b > 0. Chitng minh
a) Va+b < a+ Vb b) va—b>va—b.
e
| —
$>Bai 21. So sanh A va B
a) A =+/2013 + /2015 va B = 21/2014.
b) A= /124 V121 V12 + /6 + V6 + V6 + 6 va B = VIi+ VIL.
0) A 1 i 1 P 1 5 4028
= it ——=vaB=—.
V1-2014  +/2-2013 V2014 -1 2015
\ e —
| — \\
¢ Bai 22. Chiing minh
a) 2v/24+ V3 =6+ V2;
b) V10 + /60 + v24 + V40 = v5 + V3 + v2;
c) V6+2v3+2V5+ V15 — 4+ 15 = V72;
d) /10,54 v6 —4v/3 — 42— 1/9,5 — 4y/3 = —1;
e) \/2+\/§-\/2+\/2+\/§-\/2+\/2+\/2+\/§-\/2—\/2+\/2+\/§=1.
- |
| —
$>Bai 23. Tim cac gi4 tri clia , y, 2z théa man
a) 2z —y)’+ @y -2 +/(@+y+2)?=0;

2. BAITAP [IEEIR



b) t4+y+z+5=2vVr—1+4/y—3+6yz—5.

N\ e
[— N\
¢ Bai 24. Cho ba sb6 duong z, y, 2z théa man = + y + 2z = /Ty + /yz + /zz. Chitng minh ring

T=y==z.
e
[—

9 1 P
49 Bai 25. Cho hai s6 thuyc z va y théa man xy = 1 vd 2 > y. Chiing minh ring Tty > 2V/2.
T

\ e
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Clhreng

HAM SO BAC NHAT

TOM TAT LY THUYET

< . ~ , Ze oA X s A
@ Nhac lai, bo sung cac khai niem ve ham so

1. Khai niém ham so

@ Néu dai lugng y phu thudc vao dai lugng 2 sao cho véi mdi gia tri ctia x, ta luon xac dinh duge
chi mot gia tri tuong ting ctia y thi y duge goi 14 ham s6 clia ¢ va x dude goi 1a bién sb.

®@ Ham s6 c6 thé duge cho bang bang hodc bing cong thic, . ..

$SVidu 1. y 1a ham s6 ctia x dude cho bdi bang sau:

z (5711234
y16|4[2[1]1]0

e
[—
$SVidu 2. y 1a ham s ctia  duge cho béi cong thiic
4
a) y = 2; b) y =2z + 3; c) y=—.
7
\ e

® Khi ham s6 dugc cho biang cong thitc y = f(z), ta hiéu ring bién s6 x chi lay nhitng gia tri ma
tai d6 f(z) xac dinh.
V6i cac ham s6 y = 22 va y = 22 + 3 bién s6 x c¢6 thé lay nhiing gia tri tity ¥; con véi ham s6

y = —, bién s6 x chi 1ay nhiing gia tri khac 0.
T

@ Khi y l1a ham s6 clia x, ta c6 the viét y = f(z), y = g(x), ...

® Khi z thay doi ma y luon nhan mot gia tri khong doi thi ham s6 y duge goi 1a ham hing.

2. Do thi cua ham so

Tap hop tat ca cac diém biéu dién cac cip gia tri tuong tng (x; f(z)) trén mit phiang toa do dugc goi
1a do thi ham s6 y = f(x).



3. Ham sb dong bién, nghich bién

Cho ham s6 y = f(z) xac dinh v6i moi gia tri clia = thuoc R.
Véi z1, 2o bat ki thuoc R

®@ Néu z1 < 29 ma f(z1) < f(x3) thi ham s6 y = f(z) dong bién trén R.

®@ Néu z; < z9 ma f(zy) > f(xy) thi ham s6 y = f(z) nghich bién trén R.

e Ham s6 bac nhat

© binh nghia 1.1. Ham s6 bac nhat 1a ham s6 duge cho bdi cong thic y = ax + b, trong d6 a, b
14 cac sb cho trude va a khac 0.

&> Vidu 3. Tim m dé cac ham sb sau la ham s6 bac nhat

a) y=mx —x + 3; b) y = (m?—1)2% + (m + 1)z — 2014.

® Loi gidi.

a) Hum s6 y =mz —r+ 3= (m — 1)z + 3 1a ham s6 bac nhat & m —1#0 & m # 1.

b) Ham s6 y = (m? — 1) 22 + (m + 1)z — 2014 12 ham s6 bac nhat khi va chi khi

m2—1=0 m? =1 .
p=—4 = = 1.
m4 140 mA—-1" "

A Khib=0, ham s6 ¢6 dangy = = (da hoc & 1dp 7).
@ Tinh chat 1.1. Ham s6 bac nhat y = ax + b x4c dinh véi moi gié trj x thuéc R va cé tinh chat
@ dong bién trén R khi a > 0.

@ nghich bién trén R khi a < 0.

$>Vidu 4. Cho ham s6 bac nhat y = mz + = + m. Tim gia tri ciia m dé ham s
a) dong bién trén R;

b) nghich bién trén R.

® Loi gidi.
Ta c6 y =mx+x+m = (m+ 1)z +m nén:

a) Ham s6 dong bién tren R & m+1>0< m > —1.

b) Ham s6 nghich bién tren R & m+1 <0< m < —1.

I = cHuone 2. HAM G BAC NHAT




e Déthihﬁmséy:ax+b(a7&0)

1. Do thiham so y = ax + b (a # 0)

D5 thi ham s6 y = az + b (a # 0) 13 mot duong thang
@ cét truc tung tai diém c6 tung do bang b;
@ song song véi duong thing y = az, néu b # 0;

@ trung véi duong thing y = ax, néu b = 0.

A Do thi ham s6 y = ax +b (a#0) con duge goi la duong thing y = ax +b; b duge goi la tung do

goc ctia duong thing.

2. Céch vé do thi ham sé y = az + b (a # 0)

Dé vé do thi ham s6 y = azx + b (a # 0), ta chi can xac dinh hai diém phan biét nao dé thuoc do thi,

roi vé duong thang di qua hai diém do.

$SVidu 5. Trén hé truc toa do Oxy vé dd thi ham s6 y = —2z + 3.

® Loi gidi.
Cho x = 0 thi y = 3, ta thu duge diéem A(0;3) thuoc do thi ham s
Yy = —2x+3.
Cho x = 1 thi y = 1, ta thu dugc diém B(1;1) thuéc do thi ham s
y=—2x+3.

Do dé dd thi ham s6 y = —2x + 3 1a duong thing AB trong mat phang toa
do Oxy.

Q Puong thang song song va dudng thang cat nhau

Cho hai duong thang (dy): y = ayz + by va (do): y = asz + by (a1, ay # 0). Khi d6

a; = Q9

d 51 (d
a) (dy) song song véi (dq) < {51 Ly,

a1 = Q9

b) (dy) trung véi (ds) <
by = bs.

c) (dy) cat (dy) & ay # as.

1. Tom ATy HuveT [EEER



$>Vidu 6. Cho hai ham s6 bac nhat y = 2ma +3 va y = (m + 1)z + 2. Tim gi4 tri ctia m dé do
thi ctia hai ham sé da cho 1a

a) hai dudng thang cit nhau.

b) hai duong thang song song véi nhau.

]
® Loi gidi.
s L . . 2m #0
Dieu kién dé hai ham s6 y = 2mxz + 3 vy = (m + 1)z + 2 1a ham s6 bac nhat 1a L1240 &S mé
m
{0; —1}.
a) Hai dudng thang y = 2max + 3 vy = (m + 1)z + 2 cit nhau khi va chi khi
2m#Fm+1<m# 1.
Két hop dieu kien ta duge m ¢ {0; £1}.
b) Hai duong thing y = 2ma + 3 va y = (m + 1)x + 2 song song khi v& chi khi
2m =m+1 ) s 1.
< m =1 (thoa man dieu kién).
3#2
Vay m = 1.
0

e Hé so goc cua duong thang y = ax + b (a # 0)
1. Goc tao boéi duvng thang y = az + b va truc Oz
Trong miit phang toa do Ozy, gbc a tao bdi duong thing y = ax + b va truc Oz 1a géc tao bdi tia

Ax va tia AT, trong d6 A 1a giao diém ciia dudng thang y = ax + b véi truc Ox va T 1a diém thuoc
dudng thing y = ax + b v6i tung do duong.

2. Hé s6 géc ctia duwong thing y = ax + b (a # 0)

Cac dudng thang c6 cuing hé s6 goc a (a 1a hé s6 clia x trong y = ax + b) thi tao véi truc Ox cac goc
bang nhau.

@ Khi a > 0 thi goc tao bdi dudng thang y = ax + b va truc Oz 1a géc nhon.

@ Khi a < 0 thi géc tao bdi dusng thang y = ax + b va truc Oz la goc tiL.

Vi ¢6 su lien quan giita hé s6 goc véi goc tao béi duong thing y = ax + b va truc Oz nén ngudi ta goi
a la hé sb gbc ciia dudng thing y = ax + b.

B e BAI TAP
_
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¢S Bai 1. V6i nhitng gia tri ndo ctia m thi cac ham s sau 1a ham sd bac nhat?
m—1
a) y=(y/m— 1)z —2m. b) y = mx — 2(x — m). c) y=— 1(x+2)
m —
\ ——
| —
¢S Bai 2. Xac dinh k dé cac ham sb sau:
a) y = 5r — (2 — x)k dong bién.
b) y = kx — 2 + 2z nghich bién.
¢) y=(—k?+k — 1)z — 7 nghich bién.
d) y = (5 — 4k + k*)z + 2 dong bién.
\ e
| — \\
> Bai 3. Xac dinh m dé hai duong thing song song hodc triing nhau:
a) (D1):y=(m+2)x—m+1va(Dy):y=(2m—>5)z+ m.
b) (D1):y=Bm—1)z—2m+1va (Dy): y=(4—2m)x —m.
e
[——
4> Bai 4. Cho dudng thang (d): y = (m + 1)z — 2m (m # —1). Xac dinh m dé
a) Duong thing (d) di qua diém A(3; —1).
b) Dudng thang (d) cit truc hoanh tai diém c6 hoanh do bang —1.
c¢) Duong thang (d) song song v6i dusng thang (d'): y = —2z + 2.
d) Dudng thang (d) vuong goc v6i dudng thing y = —3z — 1.
e) Dudng thang (d) c6 he s6 goc 1a 3.
f) Duong thing (d) ¢6 tung do gdc la /2.
e
[—
$>Bai 5. X4c dinh ham sb y = ax + b biét:
a) DO thi ham s6 cat truc hoanh tai diem A c6 hoanh do —4 va cit truc tung tai diém B c6
tung do 3.
b) D6 thi clia n6 song song v6i dudng théing y = 3z + 1 va di qua diém M (4; —5).
c¢) Do thi ctia n6 la dudng thang di qua hai diém M (3;5) va N(—1; 7).
d) D6 thi ctia n6 1a duong thang cit dudng thing y = 2z — 3 tai diem C' c6 hoanh do 1a 2 va
di qua diém A(3; —4).
e) DO thi ctia n6 1a dudng thang di qua diém D(—2;3) va tao véi truc Oz mot goc 45°.

2. sAITAP [ETER



[— \\

.~ 2 1 P 2 - 2
$SBdi 6. Cho dudng thang (D): y = 2z — 5 Tim b biét duong thang (D) cit duong thing

y = 3x + 2 tai mot diém nam trén truc tung.

4> Badi 7. Cho dudng thang (d): y = (2a — 1)z — 3.
a) Viét phuong trinh dudng thang (d) biét (d) di qua diem A(1; —1).
b) Viét phuong trinh duong thang (d') vuong goéc véi dudng thang (d) va cit truc tung tai diém
B ¢6 tung do 1a 3
c¢) Vé (d) va (d') trén cting mot mit phang toa do. Tim giao diém C ctia (d) va (d').
d) Tinh dién tich tam gidc ABC.

$>Bai 8. Cho dudng thang (D): y = mx — 2m + x (m # —1) cit duong thing (d): y = 2z + 3
tai diém c6 tung do 1a —1.

a) Tim m. Vé (D) va (d) trén cting mot hé truc toa do Oxy. Tim giao diém ctia (D) v6i truc
tung va truc hoanh.

b) Viét phuong trinh dudng thang (D;) song song véi dusng thang (D) va cit truc hoanh tai
diém c6 hoanh do bing 2.

c¢) Tim giao diém cta (D;) va (d).

\

[ — AN
SF > 1 2

¢S Bai 9. Cho ba duong thang (AB): y = —3¢ + -, (BC):y=5z+1, (CA): y = 3z. Xac dinh

3
toa do ba dinh cta tam gidc ABC.

[——
4> Bai 10. Cho ba diém A(3;5), B(—1;—7) va C(1; —1). Chitng minh réng 3 diém A, B, C thang
hang.

—

$>Bai 11. Dinh m dé ba duong thang sau dong quy (di): y = (m + 2)x — 3m, (d2): y = 27 + 4,
(d3): y=—3x —1.

\ e
— \

&> Bai 12. Cho ham s6 y =mxz —2m —1 (1) (m #0).

a) Dinh m dé do thi ham s6 (1) di qua gdc toa do. V& do thi (d;) ciia ham sb tng véi m vita
tim dudge.

b) Tinh theo m toa do cac giao diém A, B ctia do thi ham s6 (1) véi cac truc Oz, Oy.

c¢) * Chiing minh ring d6 thi ham s6 (1) ludn di qua mot diém c6 dinh I khi m thay doi.

B = cHuone 2. HAM G BAC NHAT



Chiions 3

MOT SO HE THU'C VE CANH VA PUONG CAO
pi @
N

HE THO'C LUONG TRONGRZYY
GIAC VUONG

TRONG TAM GIAC VUONG

e TOM TAT LY THUYET

Cho AABC' vuong tai A, c6 dusng cao AH. Khi do, ta co

© AB? = BH - BC, AC? = CH - BC. B
© AB?+ AC? = BC?.
© AH?=HB- HC. H

©® AH-BC = AB- AC.

11 N 1
AH?  AB?  AC? A

©

Q BAI TAP

> Bai 1. Cho tam giac ABC vuoéng tai A, duong cao AH. Tinh AH, HB, HC biét AB = 3 cm,
AC =4 cm.

N\

¢S Bai 2. Cho tam giac ABC vuong tai A, duong cao AH. Tinh AB, AC biét HB = 1 cm,
HC =2 cm.

N\

N\
¢S Bai 3. a) Biét ti s6 clia cAc canh goc vuong clia mot tam giac vuong 14 5 : 6, canh huyén 1a

122 cm. Tinh do dai hinh chiéu ctia mdi canh lén canh huyén.

b) Biét ti s6 cia hai canh goc vuong clia mot tam gidc vuong 1a 3 : 7, duong cao ing véi canh
huyén 1a 42 cm. Tinh do dai hinh chiéu clia cac canh géc vuong trén canh huyeén.

N\

[ — \\

¢S Bai 4. Cho AABC vuong tai A, duong cao AH. Tinh BC, AC, AH biét AB = 15 cm, HC =
16 cm.




$9Bai 5. Cho AABC vuong tai A, duong cao AH. Tinh AB, AC biét AH = 12 cm, BC = 25

cm.

N

¢S Bai 6. Cho hinh chit nhat ABCD. Qua A ké duong vuong goc v6i BD tai H. Biét AB = 20,
AH = 12. Tinh chu vi hinh chu nhat ABCD.

9 Bai 7. Trong mot tam gidc vuong ti s6 gitta duong cao va trung tuyén xuat phat tit dinh goc
vuong bang 40 : 41. Tim ti s6 do dai cac canh géc vuong clia tam gidc vuong do.

N\ e
\

¢S Bai 8. Cho tam gidc ABC c6 ba géc nhon, hai duong cao BK va C'L cit nhau tai H. Trén

doan H B lay diém E sao cho AEC = 90°. Trén doan HC lay diém F sao cho AFB = 90°. Chiing
minh rang:

a) AK - AC = AL - AB.

b) AAEF can.

- |

$>Bai 9. Cho AABC can tai A ¢c6 AH, BK 1a 2 dudng cao. Chting minh réng:
)L 1
Y BK? ~ BC? " 1AH?
b) BC? =2CK - CA.
\
\

> Bai 10. Cho AABC vuong tai A. Goi I 1a trung diem AB, ké ITH vuong géc véi BC tai H.
Chiing minh rang:
NSNS I
Y 4IH? T AC? T ABY

b) AC?+ BH? = CH?.

— |
[ —-
$>Bai 11. Cho hinh vuong ABCD va diém M thudc canh BC (M khac B, C). Goi N la giao
2 2 S ]. ]_ 1
diém cta hai duong thang AM va DC. Chq inh ra = )
iem cua hai duong thang va DC'. Ching minh rang 15 = A0 +AN2
— |

> Bai 12. Cho AABC vuong can tai A va mot diém M thuoc canh huyén BC. Chitng minh ring
MB? + MC? =2M A2,

\
¢S Bai 13. Cho AABC vuong tai A, duong cao AH. Goi E, F 13 hinh chiéu ctia H len AB, AC.
Chiing minh rang:

AB?> HB

2 __ 2 2 2 _
a) BC? = 3AH? + BE? + CF2. b) T = e

B CHUONG 3. HE THUC LUONG TRONG TAM GIAC VUONG



AB*  BE

= === 3 — . .
<) 18 = TF d) AH® = BC - HE - HF.
) AH® = BC - BE - CF. f) «/BE? + V/CF? = /BCZ.
[—

9 Bai 14. Cho AABC vuong tai A, duong cao AH, AB = a, AC = b, K 1a hinh chiéu ctia H
len AB.

N HB 2
a) Chting minh rang O 2—2.
a’b

b) Chiing minh raing HK = pEyr

c) Gi sit — = Z va AH = 12. Tinh AB, AC, BC, HB.

SRS

N\ ——
[ — N\,
¢S Bai 15. Cho hinh chit nhat ABCD c¢6 AB = a, AD = b. Goi H 1 hinh chiéu cta A lén BD
va K, L lan lugt 1a hinh chiéu ctia H len BC, CD.

N HB 2
a) Ching minh rang oD = %.
3
b) Chiing minh ring HK = pea
R 4 2b2 b4
¢) Chiing minh rang HC? = %

d) Cho a =+/2,b=1 va goi M la giao diém ctia CH va AD. Tinh HM.

[ —
&> Bai 16. Cho AABC vuong tai A, duong cao AH. Lay diém D tren AC va diém E la diém
CHE 1 ) i
nam trén tia doi cia tia HA sao cho 1C - HA 3 Tu D ké DF song song véi BC(F thudc
AC). Chitng minh rang
a) AH = EF.
b) BE L ED.
- |
? /’\ Ve ? pd
Bai Ti SO LUGNG GIAC CUA GOC NHON
& °
N

Q TOM TAT LY THUYET
1. Pinh nghia cdc ti sd lwong gidc ctia géc nhon

Cho a la géc nhon ctia mot tam giac vudng

@ Ti s6 gitta canh d6i va canh huyén duge goi la sin o
2. 1156 Lwone ciAc cua coc NHON [N



@ Ti s6 gitta canh ké va canh huyén duge goi 1a cos a.

© Ti s6 gitta canh d6i va canh ke dude goi 1a tan a.

© Ti s6 gitta canh ké va canh déi dude goi 1a cot a.

2. Mot so tinh chit clia ti s6 lwgng gidc

® Cho goc a va 3 phu nhau khi do:

sin o« = cos [3;

® Cho goc nhona, ta co:
o 0 <sina < 1.

¢ 0<cosa < 1.

cos a = sin f3; tan o = cot [3;

o sin?a + cos?a = 1.

sin «
¢ tana =

cosa

3. Cdc hé thic vé canh va géc trong tam gidc vudng

Cho tam gidc ABC vuong tai A. Khi do:

©® AC = BCsinB
©@ AC = BCcosC
® AC = ABtan B
©® AC = ABcotC

e BAI TAP

® AB = BCsinC
® AB = BCcosB
® AB = ACtanC
©® AB = ACcot B

cota = tan 3.

sina
¢ tana - cotar = 1.

T
oy

a) sin? 10° + sin*20° + - -

¢ Bai 1. Khong dung bang s6 va may tinh, hay tinh:
-+ sin? 80°.

b) cos? 12° + cos? 78° + cos? 1° + cos® 89°.

- |
[—
9 Bai 2. Chitng minh rang biéu thic sau khong phu thuoc o
a) A= (sina+ cosa)? + (sina — cos a)?;
b) B = sin® a + cos® a + 3sin® a cos? a.
e

a) AH = asin B cos B.
b) BH = acos® B.

c) CH = asin® B.

¢S Bai 3. Cho AABC vuong tai A, BC' = a, duong cao AH. Chting minh:

JIEEI & CHUONG 3. HE THUC LUONG TRONG TAM GIAC VUONG




$>BGi 4. Cho AABC vuong tai A, AC =21 cm, cosC = g

a) Tinh tan B va cot B.

b) Goi M la trung diém ctia BC. Ké duong thang vuong géc véi BC tai M, cit AB,CA lan
lugt tai E, F. Tinh CF, MF.

c¢) Duong phan giac ctia goc A cat canh BC tai D. Tinh BD, DC.

&> Bai 5. Cho AABC vuong tai A. Tit trung diém E clia canh AC, ké EF vuong géc véi BC' tai
diém F.

a) Chiung minh AF = BE - cosC.

b) Biét BC' =20 c¢m, sinC' = 0,6. Tinh Saprg.

\ ——
— \

¢S Bai 6. Cho hinh binh hanh ABCD c6 AC' 1a dudng chéo lén. Ké CH vuong goc v6i AD tai H
va CK vuong goc véi AB tai K.

a) Ching minh ACKH ~ ABCA.
b) Ching minh HK = AC - sin BAD.

¢) Tinh Saxcn biét ABC = 120°, AD = 8 cm va AB = 10 cm.

\ e ——
—

¢S Bai 7. Cho AABC nhon, ké ba duong cao AD, BE,CF.

a) Ching minh AAEF ~ AABC.
b) Chitng minh AF - BD -CE = AB-BC-CA-cosA-cosB -cosC.

¢) Gia st A = 60°, Sypc = 144 cm?. Tinh Sapp.

|
b c

$>Bai 8. Cho AABC nhon ¢6 AB = ¢, BC = a, AC = b. Chitng minh — = — = —.
simA sinB sinC

¢>Bai 9. Cho AABC nhon ¢6 BC = a, B = a, C = 3, dudng cao AH. Chiing minh:

tan o + tan 8
1 1 1
b) = + :
AH atanf atanao
\ ——
[— N

¢S Bai 10. Cho hinh thang ABCD (AB J/ CD) c6 hai dudng chéo vuong goc nhau. Biét khoang
cach gitta hai day la 12 cm, BD = 15 cm. Tinh dién tich hinh thang ABCD.

2. 1156 Lwone ciAc cua coc NHON IR



&> Bai 11. (Bai toan md phoéng canh may bay) Cho hinh thang ABCD (AB /| CD) c6
khoang cach gitta hai day la CH =5 m, CD = 3,5 m, CDA = 135°, BCH = 30°. Tinh chu vi va
dién tich hinh thang ABCD.

I & CHUONG 3. HE THUC LUONG TRONG TAM GIAC VUONG



Chreng 4:

DUONG TRON

SU XAC DINH PUONG TRON. TINH CHAT POI

Bai ‘ XUNG CUA DPUGNG TRON .
N

@ TOM TAT LI THUYET

© Dinh nghia 1.1.
Duong tron tam O ban kinh R (v6i R > 0) 1a hinh gdm cac diém cach diém
O mot khodng bang R.

® Ki hieu: (O; R). M

@ Dinh i 1.1. Cho duong tron tam O, ban kinh R. Ta co
® M € (O;R) < OM = R.

®@ M 6 trong (O;R) & OM < R.
®@ M 6 ngoai (O;R) & OM > R.

©@ Qua 3 diém phan biét khong thing hang, bao gio ciing vé duge mot va
chi mot duong tron. Duong tron nay goi la dudng tron ngoai tiép tam
gidc. Tam ctia duong tron nay la giao diém 3 dudng trung truc ctia tam
giac.

@ Duong tron ¢6 mét tam doi xiing, d6 la tam ctia duong tron.

@ Duong tron c6 vo sb truc doi xiing, dé 1a cac duong kinh ctia dudng tron.
©@ Tam ciia duong tron ngoai tiép tam gidc vuong la trung diém ciia A
canh huyen.
@ Néu mot tam gidc c6 mot canh la duong kinh ctia dudng tron ngoai
tiép thi tam gidc do6 la tam gidc vuong. B C




e BAI TAP

9 Bai 1. Cho duong tron (O) c¢6 dudng kinh BC' = 5cm va day cung BA = 3cm.

a) Ching minh AABC vuong tai A. Tinh AC va duong cao AH ctia AABC.

b) Goi D la dinh ctia ABCD c¢6 CD = 3cm, BD = 4cm. Chting minh diém D nam trén dudng
tron (O).

¢S Bai 2. Cho hinh thang can ABCD (AD /| BC) ¢6 AD = 2CD = 2BC. Chiing minh A, B, C,
D cing nam trén mot dudng tron c¢6 tam O va AC L OB.

> Bai 3. Cho tam giac ABC c6 A #90°. Duong tron dudng kinh BC' cit hai duong thing AB,
AC 1an lugt tai D va E. Hai duong thang C'D va BE cit nhau tai H. Chitng minh réing AH 1 BC.

S Bai 4. Cho tam gidc ABC c¢6 cac goc déu nhon. Vé duong tron (S) duong kinh AB, vé dudng

tron (O) duong kinh AC. Dudng thang OS cat dusng tron (S) tai D va E, cit dudng tron (O)

tai H va K (cac diém xép theo thit ty D, H, F, K). Chting minh ring

a) BE va BD la cac tia phan giac trong va ngoai ctia géc dinh B; CH va C'K la cac tia phan giac
trong va ngoai cua goc dinh C' ciia tam giac ABC.

b) BDAE, AHCK la céc hinh chit nhat.

> Bai 5. Cho tam giac ABC can tai A c6 géc A nhon. Tit A vé dudng thang vuong géc v6i AB
cat dudng thang BC tai D. Duong tron (K) dudng kinh AD cit cac dudng thang DC va AC lan
lugt tai H va E. Ching minh

a) H la trung diém ctia BC va HA? = HC - HD.

b) DH la tia phan gidc cia ADE va KH /| DE.

[——

4> Bai 6. Cho doan thing AB = 2a c6 trung diém O. Trén duong trung truc ciia AB lay diém D
a .

sao cho OD = o No6i A v6i D, vé BC vuong goc AD tai C.

a) Tinh AD, AC, BC theo a.

b) Trén tia doi ctia tia OD lay diém E sao cho OF = a. Chiing minh ring bon diem A, B, C,
E ciing nam trén mot duong tron va C'E 1a tia phan giac cia ACB.

> Bai 7. Cho tam giac vuong can ABC (AB = AC) c6 duong cao AH. Trén doan thang HC' lay
diém K 16i dyng hinh chit nhat AHKO. Lay O lam tam vé duong tron ban kinh OK, duong tron
nay cit canh AB tai D, cit canh AC tai E. Goi F' la giao diém thtt hai cia (O) va dudng thing
AB. Chitng minh rang:

By CHUONG 4. DUSONG TRON



a) AAEF la tam giac can va DO L OF.

b) Bon diém D, A, O, E ciing nim trén mot dudng tron.
\
[—

& Bai 8. Trén cac canh AB, BC, C'A ciia tam giac déu ABC ta lay theo thit tiy cac diém M, N,
P sao cho AM = BN = CP.

——
N

a) Goi O la tam duong tron ngoai tiép AABC. Chiing minh ring O 13 tam dudng tron ngoai
tibp AMNP.

b) Goi H, I, K lan lugt la trung diém ctia AB, M P, AC. Chitng minh ring ba diem H, I, K
thang hang.

c¢) Xac dinh vi tri cac diém M, N, P dé chu vi tam giac M N P nhé nhat.

PUONG KINH VA DAY CUA PUONG TRON. LIEN
HE GIUA DAY VA KHOANG CACH TU TAM DEN
v @

DAY .
N

Q TOM TAT LY THUYET

Cac dinh li:

©Dinh Ii 2.1.
Trong cac day ctia mot duong tron, day I6n nhat la duong kinh. D
C
A B
(0]
©Dinh Ii 2.2.

e Trong mot duong tron, duong kinh vuong goc véi mot day thi di qua
trung diém ciia day ay.

e Trong mot duong tron, duong kinh di qua trung diém ctia mot day khong
qua tam thi vuong géc day ay.

2. DUONG KINH VA DAY CUA BUGNG TRON. LIEN HE GIUA DAY VA KHOANG CACH TU TAM BEN DAY [N



@ Dinh Ii 2.3. Trong mot dudng tron:
e Hai day biang nhau thi cach déu tam va ngugc lai. B C

e Day nao I6n hon thi gan tam hon va ngugc lai.

e BAI TAP

¢S Bai 1. Cho duong tron (O) duong kinh AB, day C'D khong cit duong kinh AB. Goi H va K
theo thit tu 14 chan cac duong vuong goc ké tit A v B dén C'D. Ching minh ring CH = DK.

N\

9 Bai 2. Cho nita duong tron tam O, duong kinh AB, day CD. Céac duong vuong goc véi CD
tai C' va D tuong ting cit AB 6 M va N. Ching minh AM = BN

9 Bai 3. Trong duong tron (O; R) c¢6 hai ban kinh OA, OB sao cho AOB = 120°. Goi OI la
duong cao cia AAOB. Tia OI cat duong tron (O) tai C.

a) Tinh cac goc, canh AB, chiéu cao OI cia AAOB theo R.
b) Ching minh t@ gidc OACB la hinh thoi. Tinh dién tich cia OACB theo R.

N

9 Bai 4. Cho duong tron (O) c6 cac day AB va C'D bang nhau, cac tia AB vad C'D cat nhau tai
diém E nam bén ngoai duong tron. Goi H, K theo thit tit 1a trung diém ctia AB va C'D. Chiing
minh ring EH = EK vda EA= EC.

$>Bai 5. Cho AB la day cung ctia (O; R) va I 1a trung diém ctia AB (O ¢ AB).
a) Chiung minh OI L AB.

b) Qua I vé day cung EF. Chiing minh FF > AB. Tim do dai 16n nhat, do dai nho nhat cta
cac day quay quanh [.

¢) Cho R =5 cm, OI =4 cm, tinh do dai day cung ngén nhat qua I.

S & cHuonG 4. BUONG TRON




4> Badi 6. Cho diém A cb dinh trong duong tron (O) va day cung M N quay quanh A.

a) Chiing minh ring cac trung diém H clia cac day cung M N di dong trén mot dudng tron cd

dinh.
b) Xac dinh vi tri cia H khi M'N ngan nhat, dai nhat.
N\ ———
[ — N\,

4> Bai 7. Cho duong tron (O; R) c6 hai day AB, AC vuong goéc v6i nhau va AB = R+/3.

a) Chiting minh rang AB* + AC? = 4R?. Tinh cic khoang cach tir tam O dén AB va AC.

2 P 2 <\/§ - 1) R
b) Trén doan thang AB lay diem P sao cho AP = — Vé day DFE vuong goc AB tai
P. Chiing minh rang DE = AB.
N\ - |
| — AN

¢ Bai 8. Trong mot duong tron tam O ban kinh 25 c¢cm, hai day AB va C'D song song vdi nhau.
Biét AB = 40 cm, CD = 48 cm. Tinh khodng cach gitta hai day ay.

> Bai 9. Trong mot dudng tron tam O, hai day AB va C'D song song v6i nhau. Biét AB = 30
cm, CD = 40 cm; khoang cach gitta AB va C'D la 35 cm. Tinh bén kinh dusng tron.

\
[— \\
> Bai 10. Cho duong tron tam A ban kinh AB, day EF kéo dai cit dudng thing AB tai C (E
¢ gitta F' va C'), ha AD L CF. Cho AB =10 cm; AD = 8 cm; CF =21 cm. Tinh CFE va CA.

VI TRI TUGNG DOI GIUA PUONG THANG VA
PUONG TRON. DAU HIEU NHAN BIET TIEP
Bai e TUYEN CUA DPUGNG TRON .
N

@ TOM TAT LY THUYET

Cho duong tron (O; R) va d 1a khoang cach tit tam O dén duong thang

M

M

VI TRITUONG DOl GIUA DUONG THANG VA BUSNG TRON. DAU HIEU NHAN BIET TIEP TUVEN cUA BUONG TRON [



Vi trf tuong doi ctia dudng thang va dudng tron S6 diém chung He thtic gitta d va R
Duong thang va duong tron khong giao nhau 0 d>R
Dudng thang va duong tron tiép xic nhau 1 d=R
Dudng thing va duong tron cit nhau 0 d<R
Dinh Iy

®@ Néu mot duong thing 1a tiép tuyén ctia mot duong tron thi né vuong goc véi ban kinh di qua
tiép diém.

® Néu mot dudng théng di qua mot diém ciia dudng tron va vuong géc véi ban kinh di qua diém
d6 thi duong thang ay la tiép tuyén ctia dudng tron.

Q BAI TAP

&> Bai 1. Trén tiép tuyén tai M thuoc duong tron (O; R) lay MA = R trén (O) lay N sao cho
AN = R.

a) Ching minh AMON la hinh vuong.

b) Chitng minh AANO vuong can va AN la tiép tuyén cta (O).

¢S Bai 2. Cho duong tron (0), day AB khong phai duong kinh. Qua O ké duong vuong goc véi
AB, cit tiép tuyén tai A clia dudng tron & diem C.

a) Chiing minh CB 1a tiép tuyén ctia dudong tron.

b) Cho ban kinh ctia dudng tron bang 15cm, AB = 24cm. Tinh do dai OC.
\
[— AN
4> Bai 3. Tren tiép tuyén ctia duong tron (O; R) tai diém A ldy diém S sao cho AS = Rv/3. Kéo
dai duong cao AH ciia ASAO cat (O) tai B.

a) Tinh céc canh va goc cia ASAO.

b) Chitng minh ring SB la tiép tuyén cia (O) va ASAB déu.

> Bai 4. Cho ntta dudng tron tam O duong kinh AB. Lay diém D trén ban kinh OB. Goi H la
trung diém ctia AD. Duong vuong goc tai H v6i AB cit nita dudng tron tai C. Dudng tron tam
I duong kinh DB cat CB tai E.

a) Tu giac ACED la hinh gi?
b) Ching minh AHCE can tai H.

¢) Ching minh HE la tiép tuyén ctia duong tron tam I.
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> Bai 5. Cho tam gidc ABC vuong tai A véi (AB < AC). Duong tron tam O duong kinh AB va
duong tron tam K duong kinh AC' cit nhau tai A va D.

a) Chitng minh ba diém B, C, D thang hang.

b) Chiing minh OD la tiép tuyén ctia (K) va KD la tiép tuyén cia (O).
\ ——
[ — \\
¢S Bai 6. Cho tam gidc ABC vuong tai A c6 duong cao AH. Duong tron tam I duong kinh BH
cat AB tai F, duong tron tam K duong kinh HC' cat AC tai F. Chitng minh AH va EF 1a cac
tiép tuyén chung cia (I) va (K).

| —

¢S Bai 7. Cho ntta duong tron duong kinh AB va tia tiép tuyén Az cing phia v6i nita dudng tron
déi voi AB. Tit diém M trén Az vé tiép tuyén thit hai MC véi nita dusng tron. Ké CH goéc véi
AB. Chitng minh ring M B di qua trung diém ctia CH.

[ — N\,

> Bai 8. Cho tam gidc déu ABC ¢6 O la trung diém ciia BC, :U/O\y = 60° quay quanh O sao cho
tia Ox cat canh AB tai M, tia Oy cat canh AC tai N.
a) Ching minh BC? =4-BM -CN

b) Chiing minh MO va NO lan lugt 1a tia phan giac cia BMN va CNM

c¢) Chitng minh M N luon tiép xic méi mot dudng tron c¢d dinh.

> Bai 9. Cho tam giac déu ABC noi tiép trong dudng tron (O). Goi D la diém déi xiing ciia A
qua O. Trén canh AB lay diém M va trén tia déi ctia tia C A lay diém N sao cho BM = C'N. Hai
duong thang M N va BC cit nhau tai K. Chitng minh ring

a) ADBM = ADCN

b) MDN =120° va K 1a trung diém ctia M N.

Dai g TINH CHAT CUA HAI TIEP TUYEN CAT NHAU

@ TOM TAT LY THUYET

1. Tinh chét ctia hai tiép tuyén cit nhau
Néu hai tiép tuyén ctia mot dudng tron cit nhau tai mot diém thi
@ diém do cach déu hai tiép diém.
@ tia ké tir diém d6 di qua tam la tia phan gidc ciia goc tao bdi hai tiép tuyén.
@ tia ké tit tam di qua diém d6 la tia phan giac tao bdi hai ban kinh di qua céc tiép diém.
©@ duong thang néi tam va diém dé la dudng trung truc ciia doan thang ndi hai tiép diem.

4. TinH cHAT cOA HAI TIER TuvEN cAT NHAU [EI



MA=MB

MO la phan giac cua AMB

OM la phan giac cua AOB

OM la duong trung truc cia doan AB.

Néu M A, M B la tiép tuyén cia (O) thi

2. Duong tron noi tiép tam gidc

Duong tron tiép xtc véi ba canh clia mot tam giac dudge goi 1a duong

tron noi tiép tam giac, con tam gidc goi 1a ngoai tiép duong tron.

Tam ctia dudng tron nay la giao diém ciia cac duong phan giac trong E
clia tam giac. Trong hinh beén, (I) 1a dudng tron noi tiép tam giac F

ABC.

3. Pudng tron bang tiép tam gidc

Dudng tron tiép xic v6i mot canh clia tam giac va tiép xic vdi cac phan kéo dai ctia hai canh kia goi
la duong tron bang tiép ctia tam gidc. Tam ciia duong tron nay la giao diém ctia hai dudng phan giac
clia hai géc ngoai cia tam giac hoiic giao diém ciia tia phan giac clia géc trong va mot tia phan giac
clia géc ngoai khong ké véi no.
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(I) 1a dudng tron bang tiép goc A ciia tam gidge ABC,
(J) 1a duong tron bang tiép goc B cia tam giac ABC,
(K) la duong tron bang tiép goc C clia tam giac ABC.

BAI TAP
N\
> Bai 1. Cho dudng tron (O) ban kinh R va mot diém A sao cho OA = 2R. K& céc tiép tuyén
AB va AC véi dudng tron (B, C 1a cac tiép diém). Duong thing OA cit BC tai H, cit cung nhd
va cung l16n BC lan lugt tai I va K.
a) Ching minh OA vuong goc véi BC va [H - OA = R?.
b) Chiing minh tam giac ABC déu va ABKC' 1a hinh thoi.
¢) Chitng minh 7 1a tam duong tron ngoai tiép tam giac ABC'. Tinh theo R ban kinh ctia duong
tron nay.
d) Vé duong kinh C'D. Chitng minh BD song song véi OA.
e) Vé cat tuyén bat ki AMN ctia (O; R). Goi E la trung diém ctia M N. Chitng minh 5 diém
O, E, A, B, C cung thudéc mot duong tron.
[ —
4> Bai 2. Cho dudng tron (O), diem M nam bén ngoai dudng tron. Ké tiép tuyén M D, M E véi
duong tron (D, E la cac tiép diém). Qua diém I thuoc cung nhé DE, ké tiép tuyén véi duong
tron, cat M D va M E theo thit ty § P va Q. Chitng minh rang chu vi tam giac M PQ bang 2M D.

\ ——
| — AN
$>Bai 3. Cho a;/O\y = 60°. Mot duong tron tam K ban kinh R = 5cm tiép xtc véi Oz tai A va
tiép xtc v6i Oy tai B. Tit diém M thuoc cung nhé AB, vé tiép tuyén thi ba, no cit Ox va Oy

lan luct tai F va F.

4. TINH CHAT CUA HAI TIEP TUYEN CAT NHAU



a) Tinh chu vi tam giac OFF. Chiing minh ring chu vi d6 khong ddi khi M chay trén cung
nho AB.

b) Chitng minh s6 do EKF khong déi khi M chay trén cung nhé AB.

9 Bai 4. Cho duong tron (O) c¢6 duong kinh AB = 2R. Lan lugt vé cac tiép tuyén d; va dy clia
(O) tai A va B. Lay tuy ¥ diem M trén (O) (M khic A va B). Tiép tuyén ctia (O) tai M cét d;
va dsy lan lugt tai C va D.

a) Ching minh CD = AC + BD va COD = 90°

b) Goi E la giao diém ctia CO va AM, F 1a giao diém ctia BM va DO, M H 1 dudng cao clia
tam giac AM B. Chting minh rang M FOEF la hinh chi nhat va 5 diém O, H, E, M, F thuoc
cuing mot dudng tron

c¢) Chitng minh OF - OC = OF -OD = AC - BD = R?.
d) Chiing minh dudng tron (K) dudng kinh C'D tiép xtc véi AB.

4> Bai 5. Cho nita duong tron tam O duong kinh AB. Trén tiép tuyén Az cta (O) lay diém C,
trén tiép tuyén By cta (O) lay diém D sao cho AC + BD = CD.

a) Chiing minh CD tiép xtc v6i nita duong tron (O) tai E.

b) Tt E ké EF vuong goc véi AB, F € AB. Giao diém ctia BC 1a EF 1a I. Chiing minh ring
I la trung diém EF.

& Bai 6. Cho AABC ¢6 dudng tron noi tiép (I;7) tiép xic véi cdc canh BC = a,CA =b, AB = c
lan luot tai D, E, F. Goi p la ntta chu vi cia AABC. Chiing minh rang:

a) Dién tich cia AABC 1a S = pr.
b) AE=AF=p—a;BD=BF=p—-bCD=CE=p—c.

N\

4> Badi 7. Cho dudng tron (O) noi tiép trong tam giac ABC, K la tiép diém ctia BC va (0), KN
14 dudng kinh ctia (O). Dudng thang AN cit BC tai S.

a) Ching minh BK =p— AC = CS (p la nida chu vi tam giac ABC).

b) Goi M la trung diém ctia BC. Dudng thang MO cit duong cao AH clia tam giac ABC tai
E. Chitng minh do dai doan thing AE bing ban kinh ctia (O).

[ — N\

¢S Bai 8. Cho tam giac ABC' ¢6 chu vi 20 cm ngoai tiép duong tron (O). Tiép tuyén cia dudng
tron (O) song song véi BC' lan lugt cat AB tai M, AC tai N. Biét MN = 2,4 cm. Tinh BC.

¢S Bai 9. Cho ntta duong tron tam O c6 duong kinh AB. V& céc tiép tuyén Az, By (Ax, By va
nita duong tron thuoc cling mot nita mat phiang bo AB). Goi M la mot diém bat ki thuoc nita
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duong tron. Tiép tuyén tai M cit Az va By theo thi tu 6 C, D.
a) Chiing minh ring dudng tron c6 duong kinh C'D tiép xtic véi AB.
b) Tim vi trf clia diem M dé hinh thang ABDC ¢6 chu vi nhé nhat.

¢) Tim vi tri ctia C, D dé hinh thang ABDC' c¢6 chu vi bang 14 cm, biét AB = 4 cm.

Bai e VI TRI TUONG POI CUA HAI DPUONG TRON
¢ T

Q TOM TAT LY THUYET

Cho dudng tron tam O ban kinh R va dudng tron tam O’ ban kinh r (R > r).

Vi tri tuong ddi ctia hai duong tron S6 diem chung | He thic gita OO’ véi R va r
Hai duong tron cat nhau 2 R—r<OO <R+r
A
B
Hai duong tron tiép xic nhau 1
Tiép xic trong OO0 =R-r
A
Tiép xtic ngoai OO0 =R+
Hai dudng tron khong giao nhau 0
Ngoai nhau OO0 >R+

5. V| TRITUONG DI CUA HAI PUONG TRON



Duyng nhau O0'<R-r
(0]
Dong tam 00" =0

® Néu 2 duong tron cat nhau thi duong noi tam la trung tryc ctia day chung.

AB la day chung ctia duong tron (O) va (O') = OO’ la trung truc ctia AB.

®@ Néu 2 duong tron tiép xic nhau thi tiép diém nam trén duong ndi tam.
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M

(0) va (O') tiép xuc véi nhau tai M = M € OO'.

e BAI TAP

¢S Bai 1. Cho 2 duong tron (O; R) va (O'; R') ¢c6 OO0’ =5 cm; R =4 cm va R’ = 3 cm.

a) Chitng minh (O) va (O') cit nhau tai hai diéem A vi B phan bigt.

Tinh do dai AB.

)
b) Chiing minh AOAO’ vuong tai A, AO’ va AO la céc tiép tuyén tai A ctia (O) va (O').
c)

)

d) Goi AC, AD lan lugt la hai duong kinh ctia (O) va (O'). Chitng minh ba diém B, C, D
théng hang. Tinh do dai CD.

[ —
9 Bai 2. Cho hai dudng tron (O;r; = 12) va (K;7r = 5) ¢6 OK = 13.
a) Chting minh hai dudng tron nay cit nhau tai A va B. Tinh AB.
b) Vé dusng kinh AC ctia (O) va duong kinh AD ctia (K). Chitng minh ba diém C, B, D thang
hang.

¢) Qua A vé cat tuyén cat (O) tai M, cdt (K) tai N. Chiing minh rang M N < CD. Suy ra vi
tri clia cat tuyén AMN khi M N 16n nhat.

Loi giai.
5. V| TRI TUONG DOl CUA HAI PUONG TRON



a) Vil2—5<13<1245nénr; —ry <d<r;+rs.
Vay hai dudng tron (O) va (K) cit nhau tai hai diém A, B.
Xét AAOK ta c6 OK? = OA% + KA? (132 = 122 + 5?)
nén AAOK vuong tai A (theo dinh 1i Pytago dao).
Goi I 1a giao diém ctia OK va AB.
Ap dung hé thic lugng trong AAOK vuong tai A véi Al la dudng cao ta c6
OA-KA 12-5 60

OK - Al =0A-OK = Al = Ok 13 _1—3(cm).

Miit khac ta c6 OA = OB =r; va KO = KB = ry nén OK la duong trung tric ciia doan thing
AB.
Dod()AB—2AI—2~?—% (cm).

b) Xét duong tron (O;r1) c¢6 AC la duong kinh va B € (O;71) nén AABC noi tiép dudng tron
(O;11).
Suy ra ABC = 90°. (1)
Xét duong tron (K;ry) c6 AD la dudng kinh va B € (K;ry) nén AABD noi tiép dudng tron
(K5r2).
Suy ra ABD = 90°. (2)

Tit (1) va (2) suy ra ABC + ABD = 90° + 90° = 180° = CBD = 180°.
Vay chiing té ba diém C, B, D thang hang.

¢) Trudng hgp 1. M N khong song song v6i C'D.

Ta ¢6 M, N lan lugt thuoc duong tron (O;ry) va duong tron (K;ry) nen AACM va AAND

noi tiép.

Suy ra AACM vuong tai M va AAND vuong tai N.

) {AM 1L MC (AACM vuong tai M)
Ta ¢ = CM J| DN.
AN L ND (AAND vudng tai N)

CM [/ DN (chting minh trén)
DN 1 AN (chiing minh trén).
Suy ra CDNM la hinh thang vuong.
Ké DH 1 CM tai H.

Xét ti giac CDNM c6 {

DHM = 90° (DH L CM, H € CM)
Xét ti& gise DMNH ¢6 { MND = 90° (ND L AN)

HMN =90° (CM L AM)
JEE B cHUONG 4. BUONG TRON



Suy ra CM N H la hinh chit nhat.

Do dé MN = DH .

Xét ACHD vuong tai H ¢6 CD > DH(Canh huyén 16n hon canh géc vuong). Ma MN = DH
(chting minh trén) nen MN < CD (3)

Truong hop 2. MN /| CD. (Theo hinh vé M = M’ va N = N’)

Ta ¢6: CDN M la hinh thang vuong (chiing minh trén).

Ma MN j/ CD. Suy ra CDN M la hinh cht nhat.

Do dé: CD = MN. (4)
Tu (3) va (4) suy ra MN < CD.

Vay vi tri clia cat tuyén AMN 16n nhat khi MN j CD.

O

> Bai 3. Cho tam gidc ABC vuong tai A ¢c6 AB = 6, AC = 8, duong cao AH. Duong tron (O)
duong kinh AH cat AB tai D, duong tron (K) duong kinh HC cit AC tai E. Chting minh réng

a) (O) va (K) cit nhau.
b) Tt gidc AEH D 1a hinh chi nhat.
c¢) Duong thang DE la tiép tuyén ctia (K). Tinh DE.

L&i giai.

a) Goi rq,7 lan lugt 1a do dai ban kinh ctia dudng tron (O) va duong tron (K).
Xét ANABC vuong tai A v6i AH la dusng cao ta co

! ! + ! (hé thic lugng t t iac vuong)
= e C n ron am glac vuong ).
11 N 1
AH? 62 82
1 25 24
=—=AH = —.
AH? 576 5

5. VI TRITUONG 61 cUA HAI BUONG TRON [N



SuyraOA—OH—ATH—

Xét ANAHC vuong tai H ta c

Borofor| 12
—_
[\

AC?* = AH? + HC? (dinh i Pytago)
AH? = AC?* — HC?

AH? = 8% — (24> :>AH:%.

5
32
HC ? 16
KH=KC = S H e
Suy ra C= —~ 5 3 )

O la trung diém cia AH

K la trung diém HC.
Suy ra OK la duong trung binh cia AAHC.
DodéOK:%AC:%-SzéL

16 12 16 12

Vig_€<4 gjtgner17“2—7"1<OK<7“2+7“1

Vay hai dudng tron (O) va (K) cat nhau tai hai diém.

Xét ANAHC ¢o6 {

b) Xét dudng tron (O) ¢6 duong kinh AH ¢6 D € (O) néen AAH D noi tiép duong tron (O).
Suy ra AADH vuong tai D.
Xét duong tron (K) ¢6 duong kinh HC ¢6 E € (K) nén AHFEC noi tiép duong tron (K).
Suy ra AHEC vudng tai £ = HE L AC.
DAE =90° (AABC vuong tai A)

Xét tit giac AEHD ¢6 { ADH = 90° (AADH vuong tai D)

AEH = 90° (HE L AC).
Suy ra AEH D la hinh ch nhat (T giac c6 3 géc vuong).

c) Xét AOHK va NOEK ¢6 { KH = KE =1y (gt)
OK canh chung.

Suy ra AOHK AOEK (c-c-c).

Suy ra OHK = OEK = 90° (hal gbc tuong tng)

Do d6 OF 1 EK tai E hay DE 1 KE tai F.

Ma E € (K) ((K) cat AC tai E).

Khi d6 duong thiang DFE la tiép tuyén clia (K).

Ta ¢c6 AEH D 1a hinh chit nhat (cau b) néen DE = AH (hai dudng chéo bang ctia hinh chit nhat).

MéAH:%suyraDE:QE)—ZL.
Vay DE = %

9 Bai 4. Cho hai duong tron (O; R) va (O'; R') v6i R > R’ cat nhau tai A va B sao cho OAO' =
90°.

a) Ching minh bén diem O, A, O', B cung thuoc mot dudng tron (H). Xac dinh tam H va
ban kinh cta (H).

b) Trén tia doi ctia tia BA lay diém P, ké cac tiép tuyén PC, PC’ véi (O) va (O'). Chitng minh
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PC = PC'.

¢) Chitng minh PO? — PO’ khong phu thuoc vao vi trf ctia P khi P chay trén duong thang
AB.

\
[ —

¢ Bai 5. Cho hai duong tron (O; R) va (K;r) tiép xic ngoai véi nhau tai A (R > r). Mot cat
tuyén bat ki qua A cat (O) tai B va cat (K) tai C.

a) Ching minh OB /| KC.

b) Goi D la diém déi tam ctia B trong (O). Chiing minh duong thang DC' luon di qua mot
diém c6 dinh S khi cat tuyén BAC quay quanh A.

c) Cho R = 3r. Xac dinh vi tri clia cat tuyén BAC sao cho DC la tiép tuyén chung ctlia hai
duong tron (O) va (K).

\
[— AN
9 Bai 6. *Cho hinh binh hanh ABCD (AB > AD). Lay A lam tam, vé dudng tron ban kinh AD
cit duong thing AB tai E. Ly B lam tam, vé dudng tron ban kinh BE cit duong thing DE tai
diém F.

a) Chiing minh hai duong tron (A; AD) va (B; BE) tiép xtc nhau.

b) Chiing minh F, B, C' thang hang.

[ —

¢S Bai 7. *Cho tam gidc nhon ABC' ¢6 phan gidac CD. Lay D lam tam vé nita duong tron ban
kinh R tiép xtc véi AC tai E, tiép xic v6i OB tai F. Vé duong tron tam O tiép xtic véi nita dudng
tron (D) tai K va tiép xic véi hai canh AC va BC ctia AABC. Chitng minh C, O, D thang hang.

A\ ——

[ — \\
9 Bai 8. *Cho duong tron (O) va (O') & ngoai nhau. Ké tiép tuyén chung ngoai AB va tiép tuyén
chung trong EF véi A, E € (O) va B, F € (0'). Goi M la giao diém ctia AB va EF. Chitng minh

rang:
a) AAOM ~ ABMO'.
b) AE 1 BF tai N.

c) O, N, thang hang.

|—
$>Bai 9. Cho doan thing OO’ va diém A nim giita O, O'.
a) Chung t6 hai duong tron (O; OA) va (O'; O'A) tiép xic ngoai nhau.
b) Qua A vé dudng thang cit (0), (0') lan lugt tai B va C. Chiing minh rang hai ban kinh
OB va O'C song song nhau.

| —
4> Bai 10. Cho duong tron tam O, duong kinh AB. Goi (S) 1a dudng tron tam S, duong kinh
OA.

5. V| TRI TUONG DOI CUA HAI PUONG TRON



a) Ching minh (O) va (9) tiép xtc nhau.

b) N la diém trén (O), AN cét (S) tai M. Ching minh cac tam giac AMO va AN B vuong,
OM [/ BN va M la trung diém ctia AN.

c¢) Chiing minh tiép tuyén ciia (O) tai N va tiép tuyén ctia (S) tai M song song nhau.

&> Bai 11. Cho diém A ndm gitta hai diem O, O’ ¢6 dinh.
a) Ching minh hai duong tron (O; OA = R) va (O'; O’A = R') tiép xtic ngoai nhau.

b) Goi a la tiép tuyén chung tai A va a cit tiép tuyén chung ngoai BC tai D; E la diém ddi
xtng cia A qua D. Ching minh DB = DC va ABEC' la hinh chit nhat.

¢) Ching minh ring AF = 2V RR'.

N\

&> Bai 12. Cho AABC vuong tai A c6 duong cao AH.
a) Ching minh rang ba dudng tron duong kinh BC, BH,C'H tiép xtc nhau ting doi mot.

b) AB cét duong tron duong kinh BH tai D, AC cat duong tron duong kinh CH tai E. Ching
minh DE = AH.

¢) Ching minh DF la tiép tuyén chung ctia ci hai duong tron duong kinh BH, CH.

[— N\,

9 Bai 13. Cho hai duong tron (O) va (O') tiép xtc nhau tai A. Géc vuong z Ay quay xung quanh
diem A, Az cat (O) tai B, Ay cit (O') tai C.

a) Ching minh OB J/ O'C.
b) Goi C' la diém d6i xting ctia C' qua O'. Chitng minh ba diém B, A, C’ thang hang.

c) Qua O véd L AB, d cit BC tai M. Tim quy tich diém M khi cic day AB, AC thay déi vi
tri nhung van vuong goc v6i nhau.
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Clhreng
MOT SO BAI TOAN THUCHIZ

CAN BAC HAI

¢S Bai 1. Thoi gian ¢ (tinh bang giay) tit khi mot nguoi bat dau nhay bungee trén cao cach mat

N . [ 3d
nuée d (tinh bang mét) dén khi cham mat nuée duge cho béi cong thic ¢ = 9.8 Tim thoi gian

Y

mot nguoi nhdy bungee tir vi trf cao cach mat nuée 108 (m) dén khi cham mat nuée?

|
&> Bai 2. Toéc do ctia mot chiée ca no va do dai dudng song nuée dé lai sau dudi ctia né duge cho

) .
béi cong thic V = E Trong d6 L 1a do dai dudng nude sau dudi ca nd (mét), V' 1a van toc ca

no (m/s).

a) Mot ca no di tit Nam Can vé huyén Dat Mii (Ca Mau) dé lai dudng séng nude sau dudi dai
7 +4+/3 (m). Hoi van toc ca no la bao nhieu m/s?

b) Khi ca no chay véi van toc 54 (km/h) thi dudng séng nudc dé lai sau dudi chiée ca no dai
bao nhiéu mét? (Lam tron 1 chi so thap phan)

[—

¢S Bai 3. Két qua ciia st nong dan lén ctia Trai Dat 14 bang tan trén cac dong song bi déng bang.
12 nam sau khi bang tan, nhiing thuc vat nhd, goi 1a Dia y, bat dau phat trién tren da. M&i nhém
Dia y phat trién trén mot khoang dat hinh tron. M6i quan he gitta dudng kinh d (mm) ciia hinh
tron va s6 tudi ¢ ctia Dia y ¢6 thé biéu dién tuong déi theo ham s6 d = 7/t — 12 v6i t > 12. Hay
tinh duong kinh ciia mot nhom Dia y sau 16 nam bang tan.

e
Loi giai.
Tacod="Tyt—12 =716 — 12 = TV/4 = 14.
Vay duong kinh cia mot nhém Dia y sau 16 nam bang tan la 14 mm. O
\

> Bai 4. Cong thitc h = 0,47 biéu dién mdi tuong quan gitta can nang z (tinh bang kg) va
chiéu cao (tinh bing m) ctia mot con huou cao cd.

a) Mot con huou cao co can nang 180 kg thi cao bao nhieu mét? (lam tron dén 1 chit so6 thdp
phan)

b) Mot con huou cao c6 c6 chicu cao 2,56 m thi can niang bao nhieu kg?




Bai e HE THUC LUONG, T SO LUONG GIAC
_ >

°
\
¢S Bai 1. Ban An ¢6 tam mit cao 1,5m ding gan mot toa nha cao thi thay néc clia toa nha véi
géc nang 30°. An di vé phia toa nha 20m thi nhin thay néc clia tdoa nha véi géc nang bang 65°.
Tinh chiéu cao ctia toa nha. (Két qua lam tron dén chit s6 thap phan thi nhat).
- |
[—
$SBai 2. Vao ltc trai tdi, tai noi c6 treo mot bong den day téc dang phat sang, ngudi ta cam hai
coc c6 chicu cao 2m sao cho chan coc va hinh chiéu ctia bong den lén mit dat 1a thang hang. Quan
sat thay bong ciia hai cay coc lan lugt 1a 0,3m va 0,7m; biét hai cay coc cach nhau 1,5m. Em hay
tinh do cao treo bong den day toc.
Béng den
s , Coc 1 Hicr}h chiéu Coc 2 e N
Boéng béng den Boéng
coc 1 coc 2
- |
[—
o Bai 3.
Hang ngay, ban Tuan tit nha (6 A) dén truong (6 B), nhung B
hom nay do dusng AB stia chita nén ban di qua cac hém AC, !
CD, DE, EB; biét BE vuong géc v6i AC va chiéu dai cac é
hém AC = DE =80m, CD = EB = 60m. B %
a) Tinh do dai doan duong AB. o
)
b) Van téc trung binh khi di bo cita ban Tuén 1a 4 km/gis. i i
Ho6i ban Tuan can thém bao nhiéu thoi gian so véi moi e L
hom dé di bo qua cac hém? ‘ 80m 80m ‘
- |
[—
<O Bai 4.
Mot biic tugng cao 1,6m duge dit trén mot cai be. Tai mot diém A trén D
mat dat, ban Hao nhin thiy néc tugng (diém D) va néc be (diém C) véi
cac goc nang lan luot 14 60° va 45°. Tinh chiéu cao ctia bé. 1,6m
C
?

I = cHuone 5. MOT SO BAITOAN THUC TE
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<o Bai 5.

Céc tia sang mat troi tao v6i mat dat mot goc xap xi 30°. Tai thoi diém
do6 bong clia mot cai cay trén mat dat dai 20m. Hoi cai cay dé cao bao
nhiéu mét? (lam tron dén chit s6 thap phan thit nhat)

30° A

20m

| —

¢S Bai 6. Mot may bay cat canh theo phuong c6 géc nang 1a 23° so v6i mat dat. Héi mudn dat
do cao 250m so v6i mat dat thi may bay phéi bay léen mot doan duong 14 bao nhieu mét? (lam
tron dén mét)

[ —
<> Bai 7.

Trong hinh vé bén, dudng thang d 1a mit nude, M 1a vi M
tri cia mat, B 1a vi tri vién s6i, A 1a vi tri anh ctia vién

soi do hién tugng khiic xa tao ra; BF la khoang cach tiu

vién s6i dén mat nude, AF 1a khoang cach tit &nh clia 30°

vién s6i dén miat nuée. Khi mat quan sat vien soéi thi tia

sang tit vién so6i truyen dén mit nuée 1a BC sé cho tia H
khtic xa CM dén mat. Tia BC hop v6i mat nude mot 70°
goc 1a 70° va tia khic xa CM hgp v6i phuong thang
ding mot goc 1la 30°. Duong kéo dai ctia tia khiic xa
CM di qua vi trf &nh A clia vién s6i. Biét AF = 40cm.
Tinh khodng cach tit vién s6i dén mit nude.

| —

<> Bai 8.

Hai chiéc tau thity ciing xuat phat tit mot vi trf A, di thang theo
hai huéng tao v6i nhau goc 60°. Tau B chay véi toc do 20 hai 1i
mot gio. Tau C chay vé6i toc do 15 hai lf mot gio. Sau 2 gio, hai
tau cdch nhau bao nhiéu hai 1{? (lam tron 2 chit s6 thap phan).

B
[ —
> Bai 9.

2. HE THUC Luone, 156 Luone clAc [N



Hai dang D4 Lat 13 mot trong 7 ngon Hai dang cao nhat Viet
Nam, dugc dit trén ddo DA Lat & vi tri cyc Tay Quan ddo thuoc
xa dao Truong Sa, huyén Truong Sa, tinh Khanh Hoa. Ngon héai
dang duge xay dung nam 1994, cao 42 mét, ¢6 tac dung chi vi
tri ddo, gitp tau thuyen hoat dong trong viing bién Truong Sa
dinh huéng va xac dinh dugc vi tri minh. Mot ngusi di trén tau
danh ca4 muén dén ngon hai dang D4 Lat, nguoi d6 ding trén
mii tdu ca vd dung gidc ké do dugc gbc gitta miii tau va tia
nang chiéu tit dinh ngon hai dang dén tau la 10°.

Hai dang

a) Tinh khodng cach tir thu dén ngon hai dang. (1am tron dén 1 chit s6 thap phan)

b) Biét cit di 10m thi tau d6 hao tén hét 0,02 1it dau. Hoi dé di dén ngon hai dang Da Lat tau
d6 can toi thiéu bao nhieu lit dau?

<> Bai 10.
Tinh chiéu cao ctia mot ngon nii cho biét tai hai diém cach nhau
1km trén mit dat ta nhin thay dinh ndi véi géc nang lan lugt 1a
40° va 32°.

ngon nui

|
|
A lkm B C

[ —
¢S Bai 11. Mot chiée thang dai 5m. Can dat thang cach chan tuong mot géc khodng bang bao
nhiéu dé né tao véi mat dat mot géc an toan? Biét géc an toan la khoidng 65°.

\ e

<o Bai 12.

Mot cai thap duge dung bén b mot con song, tit mot diém déi dien
v6i thap ngay bo bén kia nguoi ta nhin thay dinh thap véi goc nang
60°. Tt mot diém khac cach diém ban dau 20 m ngudi ta ciing nhin
thay dinh thap v6i géc nang 30° (Hinh minh hoa). Tinh chiéu cao
clia thap va beé rong clia song.

<O Bai 13.
Mot cay c6 chiéu cao 14 m, moc & phia sau mot biic tuong cao S
8 m, cach bitc tuong 12m. Hbi ngusi quan sat c6 chiéu cao 1,8m 7
phéi ditng cach bitc tudng bao nhiéu mét dé c6 thé nhin thay l C
ngon cay”? i
=
;LH? B O%F A
Plwmr T =
N\ e

B CHUONG 5. MOT SO BAI TOAN THYC TE



<> Bai 14.
Cau Vam Cong bac ngang qua song Hau ndi lién hai A
tinh Can Tho va Dong Thap thiét ké theo ki¢u day
vang nhu hinh vé. Chiéu cao tit san cau dén dinh tru
dé AB = 120m, day vang AC = 258 m, chiéu dai san
cau tit B dén C la 218 m. Héi goc nghiéng clia san
cau BC so v6i mat nam ngang 1a bao nhiéu do? (Gia
thiét xem nhu tru d6 AB thang ding).

pii @ HAM SO i
N

S Bai 1. Cach day hon mot thé ky, nha khoa hoc ngusi Ha Lan Hendrich Lorentz (1853 - 1928) dua
T — 150

ra cong thiic tinh s6 can nang If tudng clia con ngudi theo chiéu cao nhu sau M = T'—100— N

(cong thiic Lorentz). Trong do6:
®@ M 1a s6 can nang li tuéng tinh theo ki-16-gam.
@ T la chiéu cao tinh theo xen-ti-mét.
® N = 4 v6i nam giéi va N = 2 v6i nit gidi.
a) Ban Q (1& nam gi6i) c6 chidu cao 14 1,7 m. Héi can ning ctia ban Q 1a bao nhieu kg dé dat
Ii tudng?

b) V6i chiéu cao bang bao nhieu thi s6 can ning li tuéng clia nam gidi va nit giéi bang nhau?

49 Bai 2. Dau nam 2018, anh Nghia mua lai mot chiée may tinh xach tay cfi da st dung qua 2
nam véi gid 1a 21 400 000 dong. Cudi nam 2019, sau khi st dung duge thém 2 nam nita, anh Nghia
mang chiéc méy tinh d6 ra cita hang dé ban lai. Cita hang thong bao mua lai may vé6i gia chi con
17 000 000 dong. Anh Nghia thic mic vé sy chénh léch gitta gid mua va gid ban nén duge nhan
vién ctta hang giai thich vé moéi lien hé gitta gia tri cia mot chiéc may tinh xach tay véi thoi gian
né dude st dung. Méi lien he d6 duge thé hien dusi dang mot ham sé bac nhat y = ax + b ¢6 do
thi nhu sau

y (dong)

21 400 000

17 000 000

a) Xac dinh cac he s6 a va b.

3. ams6 [



b) Xéc dinh gid ban dau ctia chiéc may tinh x4ch tay neu trén khi chua qua sit dung.

> Bai 3. Dé biét duge ngay n thang ¢t nam 2020 1a ngay tht may trong tuan. Dau tién, tinh gia
tri bieu thic T =n + H,  day H dudc xac dinh nhu sau

Thang t | 10 5 2;8 | 311 | 6 | 9512 | 1,4, 7
H -3 | -2 | -1 0 1 2 3

Sau d6 lay T chia cho 7 ta duge s6 du r (0 < r < 6)
@ Néu r = 0 thi ngay do6 1a ngay thi Bay.
@ Néu r = 1 thi ngay d6 1a ngay Chu Nhat.
@ Néu r = 2 thi ngay d6 1a ngay tht Hai.

@ Néu r = 3 thi ngay do 1a ngay thi Ba.

® Néu r = 6 thi ngay do6 1a ngay thi Sau.
a) Hay st dung quy téc trén dé xac dinh ngay 30/04/2020 1a ngay thit may?

b) Bé An sinh vao théang 12/2020. Biét rang ngay sinh ctia bé An 1a mot boi s6 ciia 5 va 1a Chi
Nhat. H6i ngay sinh ctia bé An 14 ngay may?

N\ ——

[— \\

¢S Bai 4. Mot 6 to ¢6 binh xang chita b (1it) xang. Goi y la s6 lit xing con lai trong binh xing
khi 6 t6 da di quang duong x (km). y 13 ham s6 bac nhat c6 bién s6 14 x dugce cho béi cong thiic
y = ax + b (a 1a lugng xdng tiéu hao khi 6 t6 di duge 1 km va a < 0) thoa bang gia tri sau

z (km) | 60 | 180
y (i) | 27 | 21

a) Tim cac he s6 a va b clia ham s6 bac nhat néi tren.

b) Xe 6 t6 c6 can d6 them xing vao binh xing dé xe c6 thé chay hét quiang dudng z = 700
(km) hay khong? Néu can d6 thém xang thi phai d6 thém may lit xang?

[—

o Bai 5.

Mot van dong vien nhdy cau khi nhay & do cao h tit nguoi
d6 t6i mat nude (tinh bang mét) phu thuoe vao khoang
cach z (tinh bing mét) theo cong thic h = —(z — 1)? + 4
(xem hinh). Héi khoang cach x bang bao nhiéu

van nhay

hd boi

a) Khi van dong vién 6 do cao 4 m?

b) Khi van dong vién cham méat nude?

IS = cHuone 5. MOT SO BAITOAN THUC TE



> Bai 6. Sy thay doi nhiet do ctia khong khi tiy theo do cao ciia dia hinh nhu sau: ¢t lén cao
100 m thi nhiét do khong khi giam 0,6°C. Goi y (°C) 1a nhiét do khong khi tai khu du lich Ba Na
Hill c6 do cao khodng 1500 m va x (°C) 1a nhiét do khong khi tai bai bién Da Nang gan day.

a) Hay lap cong thic tinh y theo z.

b) Khi nhiét do tai khu du lich Ba Na Hill 14 18°C thi nhiét do tai bai bién Da Ning la bao
nhiéu?

[—

49 Bai 7. Bui min hay bui PM 2,5 1a nhitng hat bui li ti trong khong khi c6 kich thude 2,5 mi-cro-

mét tré xuéng (nhé hon khoang 30 1an so v6i sgi téc ngudi). Loai bui nay hinh thanh tit cac chat

nhu Carbon, Sulfur, Nitrogen va cac hop chat kim loai khac 1o Iting trong khong khi. Bui PM 2,5

c6 kha nang len sau vao phoi, di truc tiép vao mau va c6 kha nang gay ra hang loat bénh vé ung

thu, ho hap,... Dé xac dinh mic do bui PM 2,5 trong khong khi ngudi ta thuong dung chi s6 AQI,

vi du 5 AQI, 7 AQI. Chi s6 AQI cang 16n thi do 6 nhiém khong khi cang nhiéu.

Tai thanh phd B, trong thang 11 vita qua, ngudi ta do dude mic do bui PM 2,5 trong khong khi

vao lic 6 gio sang 1a 79 AQI va trung binh mdi gio ting 11 AQI, chi giam di ké tit 18 gio ciing

ngay.

a) Goi y la mitc do bui PM 2,5 trong khong khi ctia thanh phé B,  1a s6 gio ké tit 6 gid sang.

Hay bicu dién moi lien he gitta y va ¢ trong khoadng thoi gian tit 6 gio sang dén 18 gis cling
ngay, biét rang moéi quan hé nay c6 dang y = at + b.

b) Tinh mitc do bui PM 2,5 ctia thanh phd B vao liac 15 gio.

| —

4> Bai 8. Gia cude dich vu GrabBike tai Thanh phé Ho Chi Minh tit thdng 2/2019 1a trong 2 km
dau tien c6 gia 12000 dong; mdi km tiép theo c6 gia 1a 3400 dong. Tuy nhién, nha ciing cap dich
vu nay sé cong them ca cude thoi gian (sau 2 km dau tien) véi cude phi 300 dong/phit.

Gia cuée toi thieu 2 | Gia cuée mdi km | Gia cude tinh theo thoi gian di
km dau tien tiép theo chuyén (sau 2 km dau tién)
Cach tinh gia N N N .
cude hien tai 12000 dong 3800 dong 0 dong/phut
Cach tinh gia N N N ,
cudic méi 12000 dong 3400 dong 300 dong/phit

Goi A (dong) 1a tong gia cude, S (km) 1a quiang dudng di duge, t (phit) 1a thoi gian di hét quang
dudng, gia st tai xé di chuyén 2 km dau tien mat 6 phit. Nhu vay mdi quan hé giita tong gia cuée
va thoi gian theo cong thic A = 12000 + (S — 2) - 3400 + (¢ — 6) - 300.

a) Ban An di dich vu GrabBike v6i quang dudng 10 km trong 30 phit thi ban An sé tra bao
nhiéu tién ?

b) Ban An di dich vu GrabBike véi quang dudng 12,5 km va tra s6 tien 1a 120000 dong. Hoi
ban An méat bao nhiéu thoi gian?

&> Bai 9. Mot quyen tap gia 4000 dong, mot hop bt gia 30000 dong. Ban An can mua mot s6
quyén tap va mot hop bt.

3. ams6 IR



a) Goi x 14 86 quyén tap An mua va y 1a s6 tién phai trd (bao gom tién mua tap va mot hop
bit). Viét cong thitc biéu dién y theo z.

b) Néu ban An c¢6 200000 dong dé mua tap va mot hop bit thi t6i da ban An mua duge bao
nhiéu quyén tap?

\ ———

[ —

¢S Bai 10. Mot gia dinh lap dat mang internet. Cac tinh tién duge x4 dinh bdi ham s6 sau:
T = 500a + 45000, trong d6 T' (dong) 1a s6 tien nha d6 phai tra hang thang, a (gio) la thoi gian
truy cap internet trong mot thang. Hay tinh so tién nha dé phai trd néu st dung 50 gid trong mot
thang, 62 gio trong mot thang, 96 gid trong mot thang.

N\ e
[— AN

¢S Bai 11. Nguoi ta dun soi nude bang am dien. Cong suat hao phi P sé phu thudc vao thoi gian
t. Biét rang moi lien heé giita P va t 1a mot ham bac nhat c¢6 dang P = at + b dudc biéu dién bing
do thi sau

a) Xac dinh céc he s6 a va b.

b) Tinh cong suat hao phi khi dun nudc trong 30 giay.

> Bai 12. Mot xi nghiép can ban thanh 1y b san pham. S6 san pham y con lai sau x ngay ban
dugc xac dinh béi ham s6 y = ax + b ¢6 do thi nhu sau

Y (Sén phém)

1410

900 - ---

x (ngay)

a) Hay dya vao do thi hdy xac dinh a, b vA ham s6 y.

b) Xi nghiép can bao nhieu ngay dé ban hét sé san pham?

4> Bai 13. Ban An di tit nha (dia diém A) dén truong (dia diém B). Do thi sau cho biét méi lien
quan gitta thoi gian di (t) va quang dudng di (s) cia An.

B CHUONG 5. MOT SO BAI TOAN THYC TE



1250 4------------------

t (phﬁt)

a) Quang duong di tit nha dén truong ctia An dai bao nhieu km?

b) Trén dudng di, do xe bi hu nén An c6 ditng lai dé sita xe. Héi thoi gian dimg lai 1a bao nhieu
phat?

¢) Tinh van téc cia An trude va sau khi ditng lai dé stta xe?

\ ——

Bai e DUGNG TRON
N

°
¢S Bai 1. Ve tinh vién thong Vinasat-1 ctia Viet Nam cach mat dat khoang 35768 km (hinh vé).
Tinh khoang cach giita A va B biét ban kinh Trai dat khoang 6400 km.

A
Moot 6400km.
VINASAT-1
B
\ ——
— N
<> Bai 2.

4. puonc TRON [EIE



Hai déng D4 Lat 1a mot trong bay ngon hai dang cao H
nhat Viet Nam, duge diat trén ddo DA Lat 6 vi tri cuc
Tay quan dao, thuoc xa ddo Truong Sa, huyén Trudng Sa,
tinh Khanh Hoa. Ngon hai dang dugce duge xay dung nam
1994, c6 tac dung chi vi tri ddo, gitp tau thuyen hoat dong
trong ving bién Trudng Sa dinh huéng va xéac dinh duge vi
tri cia minh. Mot ngudi di tau tit Nha Trang dén Truong
Sa ding quan sat trén tau. Cach ngon hai dang Da Lat O
khodng 34 km thi ngudi ay bat dau thay ngon hai dang,

biét ring mat clia ngudi quan sat cach muyc nude bién 10

m va ban kinh trai dat gan bang 6400 km. Hoi ngon hai

diang Da Lat cao bao nhiéu mét?

[ ——
<O Bai 3.
Trong cong vien Golden Gate Park, thanh ph6 San Francisco clia C
nuéc My c¢6 1 khu vuon dude xay dung theo 16i kién tric Nhat

Ban, bao gdm nhing 161 di, ao ca, vuon cay goi len nét dep chau A 1,44 m
gitta long thanh ph6 hién dai. Tiéu biéu cho 16i kién tric d6 la cau 4 |
Taiko Bashi. Cau Taiko Bashi 1a 1 cung tron ctia dudng tron tam | }

O véi day cung la 4,2 m, diém cao nhét ctia cau la 1,44 m so véi ! 10 '
chan cau. Tinh ban kinh ctia duong tron tam O (lam tron dén chit s
s6 thap phan thit hai). N

[—

<o Bai 4.

Day Cu-roa la mot trong nhitng bo truyén
duge st dung rong rai trong cong nghiép.
Chiéu dai day cu-roa dugc xac dinh theo cong
thic:

7 (dy + da) N (dy — dy)?

L=2
at—7 4a

Trong do:

L: Chiéu dai day cu-roa.

a: Khoang cach tam cua 2 pu-ly.

d;: Duong kinh ctia pu-ly 1 (hinh tron nhé mau vang).
dy: Duong kinh ctia pu-ly 2 (hinh tron 16n mau vang).
Cho dy =10 cm, dy = 20 cm, a = 60 cm.

a) Tinh chiéu dai cta day cu-roa.

b) Goi AB la chic¢u dai mot doan day cu-roa, trong d6 A, B lan lugt la tiép diém trén ctia day
cu-roa véi 2 duong tron tao bdi mat cat ctia 2 pu-ly. Tinh AB.

B2 = cHuone 5. MOT SO BAITOAN THUC TE



Bai g TRICH DE THI TUYEN SINH VAO LGP 10

$>Bai 1 (Pé thi Tuyén sinh I&p 10 - TP.HCM - N&m hoc 2020-2021). Quy t#c sau day cho ta
biét CAN, CHI ctia nam X nao dé6. Dé xac dinh CAN, ta tim s6 du r trong phép chia X cho 10
va tra vao bang 1 . Dé xac dinh CHI, ta tim s6 du s trong phép chia X cho 12 va tra vio bang 2 .
Vi du: nam 2020 ¢6 CAN la Canh, ¢6 CHI 1a Ti.

Bang 1

r 0 1 2 3 4 5 6 7 8 9
CAN | Canh | Tan | Nham | Quy | Giap | At | Binh | Dinh | Mau | Ky

Béang 2

S 0 1 2 3 4 5 7 8 9 10 11
CHI | Than | Dau | Tuat | Hoi | Tf | Stu | Dan | Meo | Thin | Ty | Ngo | Miui

(=}

Qo)

a) Em hay st dung quy tic trén dé xac dinh CAN, CHI ctia nam 20057

b) Ban Hang nhé rang Nguyén Hue lén ngoi hoang dé, hieu 1a Quang Trung vao nam Mau Than
nhung khong nhé ré dé 1a nam bao nhiéu ma chi nhé 1a sy kién trén xay ra vao cudi thé ki
18. Em hay gitup Hang x4c dinh chinh xdc nam d6 134 nam bao nhiéu?

N\ ——

[ — N\

$OBai 2 (Dé thi Tuyén sinh I16p 10 - TP.HCM - Nam hoc 2020-2021). Cu6c dién thoai y
(nghin dong) 1a s tién ma ngudi st dung dién thoai can trad hang thang, n6é phu thudc vao
lugng thoi gian goi z (phut) clia ngusi dé trong thang. Moi lien he gitta hai dai lugng nay 14 mot
ham bac nhat y = ax + b. Hay tim a, b biét rang nha ban Nam trong thang 5 da goi 100 phiut vé6i
so tien 1a 40 nghin dong va trong thang 6 da goi 40 phit vdi so tién 1a 28 nghin dong

\ ——
[ — N\

%> Bai 3 (Pé thi Tuyén sinh 16p 10 - TP.HCM - Ném hoc 2020-2021). Theo quy dinh cta cita
hang xe may, dé hoan thanh chi tiéu trong mot thang, mdi nhan vién trung binh phai ban duge
mot chiéc xe may trong mot ngay. Nhan vién nao hoan thanh chi tiéu trong mot thang thi nhan
dugce luong co ban 1a 8 000 000 dong. Néu trong thang nhan vién nao ban vugt chi tieu thi duge
huéng them 8% tién 16i clia s6 xe miy ban vuot chi tieu d6. Trong thang 5 (c6 31 ngay), anh
Thanh nhan dugc s6 tien 1a 9 800 000 dong (bao gom ca luong co ban va tién thudng them cta
thang d6). H6i anh Thanh da ban duge bao nhiéu chiée xe may trong thang 5, biét méi chiée xe

5. TRICH BE THI TUYEN SINH VAO LGP 10




may khi ban ra cita hang thu 1i 2 500 000 dong.

\ e

[— N\

<> Bai 4 (Pé thi Tuyén sinh I&p 10 - TP.HCM - N&m hoc 2020-2021). Sau budi sinh hoat
ngoai khoa, nhém ban ctia Thu ri nhau di an kem 6 mot quan gan truong. Do quan mdi khai
truong nén c6 khuyén mai, bat dau ti ly thit 5 gia méi ly kem duge giam gia 1 500 dong so vdi gia
ban dau. Nhém Thu mua 9 ly kem v6i s6 tien 1a 154 500 dong. Hoi gia ctia mot ly kem ban dau?

[— AN

$>Bai 5 (Pé thi Tuyén sinh 16p 10 - T.HCM - Nam hoc 2020-2021).
Anh Minh vita méi xay mot cai ho luu trit nude canh nha c6 hinh A
dang hop chit nhat kich thuéc 2m x2m x1m. Hién ho chua c6 nuée

Z . X Zz f
nén anh Minh phai ra song lay nudc. Moi lan ra song anh ganh dugc \E—/

1 doi nuée gom 2 thung hinh tru béng nhau c6 ban kinh day 1a 0, 2m .
, chieu cao 0,4m. 'h =0,4m

a) Tinh lugng nuée (m?) anh Minh dd vao ho sau mdi lan ganh (ghi két qua lam tron dén 2
chit s6 thap phan). Biét trong quéa trinh ganh nuée thi lugng nude bi hao hut khoang 10%
va cong thitc tinh thé tich hinh try la V = 7 R?h.

b) Héi anh Minh phai ganh it nhat bao nhiéu lan dé day hd? Bé qua thé tich thanh ho?

[

SO Bai 6 (Dé thi Tuyén sinh 16p 10 - TP.HCM - Nam hoc 2017 - 2018). Luc 6 gid sang, ban
An di xe dap tit nha (diém A) dén truong (diém B) phai leo lén va xuéng mot con ddc (nhu hinh
vé). Cho biét doan thang AB dai 762m, A = 6°; B = 4°.

c
-
A B

H

a) Tinh chiéu cao h (h = CH) ctia con doc.

b) Ho6i ban An dén truong lic may gio ? Biét rang téc do trung binh ctia ban An khi len doc
1a 4km/h va toc do trung binh xudng doc la 19km/h.

> Béii 7 (D& thi Tuyén sinh I6p 10 - PTNK - Ném hoc 2017 - 2018). Lép 94 6 27 hoc sinh
nam va 18 hoc sinh nit. Nhan dip sinh nhat ctia ban X (1a mot thanh vién ctia 16p), cac ban trong
16p ¢6 nhiéu mén qua ting X. Ngoai ra mdi ban nam ciia 16p 1am 3 tAm thiép va méi ban nit xép
2 hoic 5 con hac dé tang ban X. Biét s6 tam thieép va s6 con hac bang nhau, héi ban X 1a nam
hay ni?

I = cHuone 5. MOT SO BAITOAN THUC TE



Bai e MOT SO BAI TONG HOP
_

9
4 Bai 1. Sau hai nam s6 dan ctia mot thanh phd tang tit 2 000 000 ngudi len 2 020 050 ngusi.
Ho6i trung binh mdi nam dan s6 cia thanh phé do6 ting bao nhiéu phan tram?
N\ ——
[— N

¢S Bai 2. Mot phong hop ¢6 2016 ghé va dude chia thanh cac day c6 s6 ghé bang nhau. Néu mdi
day bét di 7 ghé va them 4 day thi s6 ghé trong phong khong thay doi. Héi ban dau s6 ghé trong
phong hop dugc chia thanh bao nhiéu day?

49 Bai 3. Mot hinh chit nhat c¢6 dién tich bang 100cm?. Hoéi méi kich thude ctia né bang bao nhiéu
dé chu vi ctia n6 nhé nhat?

¢S Bai 4. Thang 11 vita qua, c6 ngay Black Friday, phan 16n céc trung tam thuong mai déu gidm
gia rat nhiéu mat hang. Me ban An dan An dén mot trung tam thuong mai dé mua mot doi giay.
Biét doi giay dang duge khuyén mai giam gia 40%, me ban An c¢6 Thé khach hang than thiét cta
trung tam thuong mai nén duge giam gia them 5% trén gia da giam nita, do d6 me ban An chi
phai trd 684.000 dong cho doi giay. Hoéi gia ban dau ctia doi giay néu khong khuyén maéi 1a bao
nhiéu?

[ —
49 Bai 5. Nam nay s6 dan ¢ mot thanh phd A ¢6 2.000.000 nguoi. Hoéi 2 nam sau s6 dan ctia thanh
pho A 13 bao nhiéu ngudi? Biét rang binh quan méi nam s6 dan ctia thanh phd A nay ting 0, 5%.

\ ——
P \

¢S Bai 6. Mot ciita hang c6 hai loai quat, gia tién nhu nhau. Quat mau xanh dude gidm gia hai
lan, moéi 1an gidm 10% so vdéi gia dang ban. Quat mau dé duge gidm gia 1 lan 20%. Hoéi sau khi
giam gia nhu trén thi loai quat nao ré hon?

|

¢S Bai 7. Mot phan xudng cit thép chi c6 nhitng thanh thép dai 6 mét, nhung can phai cat 40
doan 2,5 mét va 60 doan 1,6 mét. Nén ding bao nhiéu thanh dai 6 mét va cit nhu thé nao dé
tong s6 thanh Ia it nhat?

> Bai 8. Mot cong ty can van chuyén mot 16 hang héa gom 30 thiing hang A va 25 thiing hang
B bang cac xe chuyén dung. Hoi cong ty nay can sit dung it nhat bao nhiéu chiéc xe chuyén dung
dé van chuyén hét 16 hang hoa dé ciing mot lic? Biét rang mdi thiing hang A ning 400kg, mdi
thiing hang B nang 300kg va mdi xe chuyén dung chi ché duge tdi da 1 tan hang hoa.
\ ——
[—- \\

$>Bai 9. Mot cong ty can van chuyén mot 16 hang héa gom 20 thing hang A va 50 thiing hang
B bang cac xe chuyén dung. Héi cong ty nay can sit dung it nhat bao nhiéu chiéc xe chuyén dung
dé van chuyén hét 16 hang héa d6 cting mot lic ? Biét rang méi thiing hang A nang 400kg, mdi
thung hang B ning 300kg v mdi xe chuyén dung chi chd duge t6i da 1 tan hang hoa.

6. moTs6 BAITONG HoP IR



[— \\

> Bai 10. Hai lo dyng nuéc mudi nong do 5% va 40%. Hoéi can lay bao nhiéu gam mbi loai dé
khi d6 chung vao thu duge 140g nutéc mudi nong do 30%?

¢S Bai 11. Mot laptop ¢6 duong chéo 17 inch va c6 ti 1é chiéu rong va chiéu cao cia man hinh la
16: 10. Héi chiéu rong cia laptop d6 dai bao nhiéu centimet? Biét 1 inch = 2, 54cm.

|

¢S Bai 12. Mot 16p hoc ¢6 40 hoc sinh, trong dé 30 hoc sinh thich mon Toan, 25 hoc sinh thich
mon Anh vén, 2 hoc sinh khong thich ca hai mon Toan va Anh van. Hoéi ¢6 bao nhiéu hoc sinh
thich ca hai mon Toan va Anh van?

| —-
9 Bai 13. Trong mot tam gidc c6 dién tich va chu vi ¢6 s6 do bang nhau (vi du: dién tich va chu
vi 1a 30cm?; 30cm), tim ban kinh dudng tron noi tiép clia tam giac.

[—
9 Bai 14. Néu canh ctia hinh vuong thit nhat bang duosng chéo ctia hinh vuong thit hai thi ti s6
hai dién tich ctia hai hinh vuéng la bao nhiéu?

\ ——

| AN
> Bai 15. Trong mot gidi da bong theo thé thitc vong tron mot lugt (hai doi chi dau véi nhau
mot tran), ngudi ta tinh duge c6 tat ca 10 tran dau (gia st khong c6 doi nao bd cudce). Tinh s6
doi tham gia giai.

[ —
9 Bai 16. Bon hoc sinh ciing gép tién mua moén qua tri gia 600.000d. Hoc sinh thi hai, ba va
bon tra sb tien lan luot 1a Sl tong so tién ctia ba ban con lai. Tinh s6 tién hoc sinh tht nhéat

tra.
\ ——

[— AN
¢S Bai 17. Nguoi ta danh s6 nha theo quy luat, mot bén gom cac s6 1é lién tiép, mot bén gom cac
s6 chén lién tiép. Nam nhin thiay bén duong c6 mot s6 nha ma chit sé6 hang don vi gap 4 lan chit
s6 hang chuc. Tong cac s6 nha ctia day do6 1a 182. Em hay tim va néu cu thé timg s6 nha ciia day
do.

B CHUONG 5. MOT SO BAI TOAN THYC TE



Chiions 6

PE THI THAM KHAO

DE KIEM TRA GITA KI 1

& *
PE KIEM TRA GIUA HOC KY I - Nam hoc: 2012 — 2013
Mon: Toan 9 - Thdi gian lam bai: 90 phit
DE A
[——
¢S Bai 1. Tim diéu kien xac dinh cta bidu thiic
1
_— b — — 2.
2) \/4x2—12x+9 ) V3TV
N\ e
| ——— \\
<> Bdi 2. Tinh:
1 1 1 1 —2v2
a)6\/j—|—3\/_——0 9 yvYO-VIE g YB=8V8 -
2 3 V2 V8 — /12 17 —12V/2
V3 +2v2
17+ 12v2
- |
[—
S 7 2 1 —
>Bai 3. Cho bidu thie A= YET2 _VTHL_ 3VE=3 L o o xtdwmx£9
Vr—3 Jr—2 z-5/x+6
a) Rat gon A.
b) Tim cac gia tri nguyén cia x sao cho 3A ¢6 gia tri nguyen.
e
[ —
> Béi 4. Cho hinh thang ABCD (AB Jj CD), D = 90°, C = 30°.
N 1
a) Ching minh rang Sapcp = ZBC- (AB + CD).
b) Goi M la giao diém ctia BC va AD. Ké DK | CM (K thuoe CM), KL 1 DM (L thuoc
M). Chiing minh rang: 4 - DL - DM = CD?.
c) Biét BC = 8cm, Sapcp = 48cm?. Tinh DM, MC (néu két qua la s6 vo ti thi khong lam
tron).




DE KIEM TRA GIUA HOC KY I - Nam hoc: 2013 — 2014
Mon: Toan 9 - Thoi gian lam bai: 90 phit

DE A
[——
$>Bai 1. Tinh
1 4—+1
a) A=/19+8v3 — /28 — /300 — V/12. b)Bz(\/_OJ”/é)( \/_5)—\/@
8 —2v/15
e
[——
¢ Bai 2. Giai phuong trinh
a) v2r —1=25. b) Va2 —4x +2 -z —2=0.
- |
[ —
> Bai 3. Cho biéu thic: M = ek S + Ve .
4—z Jx—2 24z
a) Tim diéu kién x4c dinh ctia M.
b) Rat gon M.
¢) Tim céc gid tri thich hop ctia x dé M > 0.
- |
[—
12

9 Bai 4. Cho tam giac ABC, duong cao AH (H thuoc doan BC). Biét AC' = 3cm, AH = - om,

inB ==
S1n 5

a) Tinh AB, BC, tit d6 chiing minh AABC vuong.

— KA
b) Goi AD la phan gidc cia BAC (D thuoe BC) va DK vuong géc véi AB tai K. Tinh %D’
AD va dién tich tam giac ABD.
- |

¢ Bai 5. Cho tam gidc ABC khong c6 goc tit. Chiing minh rang néu tan B = cot C' thi tam gidc
ABC vuong.

N\

B & cHuonG 6. BE THITHAM KHAO



DE KIEM TRA GIUA HOC KY I - Nam hoc: 2014 — 2015
Mobn: Toan 9 - Thoi gian lam bai: 90 phit

DE A
| —— N\
¢S Bai 1. Tim diéu kién xéc dinh ctia céc biéu thitc sau
1 1
a) A=+2r—3+ : b) B=va?—r+1+,|—————.
) V2—=zx ) 22 —4x —4
\ ——
[— N
$>Bai 2. Rt gon
V75— 5v2 5
a — +V7-2V6. b) (V21+3)v5— 21— 24
) B Vi 1ive ) (VEL+3)
\ ——
| — \\
> Bai 3. Cho biéu thiic
_9 _ _
A (DR (S Yy
z—2y/x+1 z-1 VT +3
a) Rut gon A.
b) Tim z dé A > —1.
e
[ —
4> Bai 4. Cho hinh chit nhat ABCD. Ké AH vuong géc v6i BD tai H. Duong thang vuong goc
v6i BD tai B cat duong thang CD tai E.
) Chu inh 13 CHN + =
a ng minh ring ——s = — =5 + 5o
b) Ching minh AD? = AH - EB.
c) bat AD = a; AB = b. Tinh EB theo a va b.
| —
¢S Bai 5. Cho tam gidc ABC nhon. Chitng minh réng sin A - cos B +sin B - cos A = sin C..

1. pEkEMTRAGIUAK 1 [



DE KIEM TRA GIUA HOC KY I - Nam hoc: 2015 — 2016
Mon: Toan 9 - Thoi gian lam bai: 90 phit
DE A

¢S Bai 1. Tim diéu kien xéc dinh ctia cac biéu thic sau

r—1 V=T
A= 2 . b) B = — 2015z.
a) \/m—kx/ z+5 ) 23 015z
_— |
|—
$> Bai 2. Rat gon
) A= 15— 9v/2 16 1 b) B 14,5 — V154 — /9 — /77
a — = — = .
5E—3vi0 VE Vs T
V2
e
|
¢ Bai 3. Cho biéu thiic
2
AEEVE | BAVE g
VT r—z+1
a) Ruat gon A.
b) Tim gi4 tri I6n nhat cta A.
\
[ — AN

¢S Bai 4. Cho tam giac ABC vuong tai A(AB < AC), c6 dudng cao AH va trung tuyén C'M.
Trén tia dbi ctia tia MC, lay diem D sao cho CM = MD. Goi K la giao diém ctia hai dudng
thang AH va BD.

< 1 1 1
a) Ching minh rang T2 = 4B + B2

b) Ching minh BC.BH = BK.BD.

3 . CH
c¢) Cho tan ACD = S va AD = 10cm. Tinh ti s6 BH va dién tich tam giac CKD.

\ e

w

¢S Bai 5. Cho tam gidc ABC nhon. Chitng minh ring cos A + cos B + cos C' < 3

B CHUONG 6. BE THI THAM KHAO




DE KIEM TRA GIUA HOC KY I - Nam hoc: 2016 — 2017
Mobn: Toan 9 - Thoi gian lam bai: 90 phit

DE A
[— N
¢S Bai 1. Tim diéu kién xéc dinh ctia biéu thic sau
-3
A=2+—2> 13-
2) A=t = g
b) B= Iz =T+ ——"
B V42
e
[ —
> Bai 2. Thu gon cac biéu thiic sau
a) A= (v/6+v20-2v3—v5+/15-10v2) : (2+ V8).
4 1 6 1
b B:( + - - ) 9—+5).
) V3+1 V3-2 3-v3 5-2 ( )
E—
> Bai 3. Cho biéu thic A = L el 1 véi x> 0.
zz+l z—r+1 1+
a) Rat gon A.
b) Tim gia tri 16n nhat ctia A.
e

49 Bai 4. Cho tam gidac ABC vuong tai A, c6 duong cao AH. Goi I, K lan lugt 1a hinh chiéu ctia
H trén cach canh AB, AC.

a) Chimg minh Al - AB = AK - AC va hai tam giac ATK, ACB dong dang.

b) Dudng trung tuyén AM cia tam gidc ABC cat K tai F.

. : . 1 1 1
Chting minh rang YVRiiE + TR
.S .
¢) Ching minh rang IKC _ ot B4cot2C+ 1 (SBrkc va Sy lan lugt 1a dién tich t giac
HKT
BIKC va tam giac HKI).

\ ——
| — \\
¢S Bai 5. Cho tam gidc ABC (géc A nhon), c6 phan giac AD va AB = ¢, AC' = b. Chitng minh

. -sin BA
rang AD = be - sin /C\
BAC

(b+ ¢)sin

1. pEkEMTRAGIUAK 1 [ I



DE KIEM TRA GIUA HOC KY I - Nam hoc: 2017 — 2018
Mon: Toan 9 - Thoi gian lam bai: 90 phit
DE A

[—
¢S Bai 1. Tim diéu kien xéc dinh ctia cac biéu thic sau

—29

A=2z+ —— +/(z— 1)
2) Y s RAAC)
r+1
b) B= =+ V-2 +1.
l‘_
N\ e
N\
> Bai 2. Thu gon cac biéu thitc sau:
a) /20 — /384 — /56 — 81/24.
10 4+ 5v/2 12
py YIOHSV2 o o 12
Vvb+1 V10 — 4
N\ e
[— N\
- 7 2 1 1
<><>Ba|3.ChobiéuthacA=(x+ﬁ— Vo + )-(N_x—+—\/§)véix20,x7él.
-1 1+\z+z VvV +1
a) Ruat gon A.
b) Tim x dé A — 2z dat gia tri 16n nhat.
\
\

¢S Bai 4. Cho tam gidc ABC vuong tai A (AB < AC). Duong tron tam T' duong kinh AC' cit
BC tai H (C khac C). Dudng thang qua C song song véi HT cat (T) tai D (D khac C), BC cit
AD tai Q.

a) Chiing minh rang: QA-CD = CA - QD.
b) Chitng minh ring: AH?> = CH - HQ.

c¢) Trén doan AB lay diem K (K khac A va B) va trén doan CK lay diém P sao cho AQB =
HPC. Chitng minh ring: bén diém C, D, H, P ciing thuoc mot duong tron.

\ e

N\

¢S Bai 5. Mot may bay dang & do cao 13 km. Khi bay ha canh xudng mat dat, duong di ctia may
bay tao mot goc nghiéng so véi miat dat. Néu phi cong mudn tao géc nghiéng 3° thi cach san bay
bao nhieu ki-16-mét phai bat dau cho may bay ha canh (két qua lam tron dén s6 thap phan thi
3)?

B & cHuonG 6. BE THITHAM KHAO



DE KIEM TRA GIUA HOC KY I - Nam hoc: 2018 — 2019
Mobn: Toan 9 - Thoi gian lam bai: 90 phit
DE A

¢S Bai 1. Tim diéu kién xéc dinh ctia cac biéu thiic sau:

a) A= -3x+15++/—2z+ 1.
x 1

V5—2z 2r—8

\ ——
P \

o . 1
$>Bai 2. Tim z biét v/z — 3 + /252 — 75 — g\/9x —27=0.

b) B =

> Bai 3. Thu gon cac biéu thic sau

a) A=+/7— 48+ /13 +/48.

b)B:4\/62?/§m+\/_i\/5+3\/6—2\/5.

o .2 +3 N 1 /T —1
BGii 4. Cho bidu thi :(x )( )
$>Bai 4. Cho biéu thic P x—1+1—\/5+1+\/§ \/E_l—i-\/f

a) Rut gon P.

2 L
b) Tim z nguyén de §P c6 gid tri nguyen.

¢S Bai 5. Cho tam giac ABC vuong tai A (AB < AC), c6 duong cao AH va dudng trung tuyén
AM. Goi D la diém déi xing ctia A qua M.

a) Chitng minh ti giac ABDC la hinh chit nhat va CD? = BH - BC.

b) Dudng thing AH cit hai duong thang BD, O'D lan lugt tai T va Q. Goi P la giao diém ctia
hai duong thang CT va BQ. Chimg minh BH - BC = BP - BQ va hai tam gidc BAP, BQA
dong dang.

¢) Cho AB =3 cm, AC =4 cm. Tinh dién tich ti giac ABQC.

\ e —
—

<o Bai 6.

Mot chiéc ti vi hinh chit nhat man hinh phang 75 inch (dudng chéo
ti vi dai 75 inch) c6 goc tao bdi chieu dai va duong chéo la 36°52'.
Hoi chiée ti vi ay c6 chiéu dai va chiéu rong la bao nhiéu cm. Biét 1
inch = 2,54 cm.

1. pEkEMTRA GIUAK 1 [T




Bii e PE THI HOCKI 1
¢ o

°
PE KIEM TRA HOC Ki I - Nam hoc: 2012-2013
Moén: Toan 9 - Thoi gian lam bai: 90 phuat
[——
> Bai 1. Giai phuong trinh:
a) 3—xz++1—-2x=0.
b) V322 — 48z + 4 = /79 — 201/3.
\ e
\
> Bai 2. Tim cac gia tri thich hgp cta a dé:
a) Ham s6 y = —2ax + 3 — a + = dong bién.
b) Ham s6 y = 2a(a — 2)x + 3z + 8a nghich bién.
e

[ —
$>Bai 3. a) Viét phuong trinh dudng thang (d) qua hai diem A(0;2), B(2;1).
b) Cho dudng thing (d;) : y = g Viét phuong trinh dudng thang (do) song song véi (dy) va
(dy) cit (d) tai diém I trén truc Ox. Vé ((d), (d1) va (dy) trén cting mat phéng toa do Oxy.

c¢) Goi C la giao diém clia (dy) va truc Oy, diém D(—3;—1). Tinh Sapcp. (Sapcp: dién tich
tit giac ABCD) (Gia sit don vi do trén hai truc toa do la cm).

9 Bai 4. Cho hai duong tron (O; R) va (O'; R') cat nhau tai A va B (R > R'). Tiép tuyén chung
EF cia (O) va (O') cét tia doi cta tia AB tai C' (v6i E thuoc (O); F thuoc (O')). Goi I va J lan
lugt 13 tam ciia hai duong tron ngoai tiép tam giac OEC va tam giac O'FC.
a) Chung minh: (I) cat (J).
b) Goi D la giao diém ctia (I) va (J) (D khac C). Ching minh A, B, D thang hang.
¢) Ching minh: IJ > EC.

)

d) Goi M la diém dbi xiing ctia E qua OC, N la diém dbi xing ciia F' qua O'C. Chitng minh
bén diem E, F, M, N cing thuoc mot duong tron, xac dinh tam duong tron nay.

I & cHuonG 6. BE THITHAM KHAO



DE KIEM TRA HOC Ki I-Nim hoc:2013-2014

Mo6n: Toan 9 - Thdi gian lam bai: 90 phiat

[— N
¢S Bai 1. Tinh: 2¢/9 — 4v/5 — v/29 + 12v/5.

\ ——

P \

.. > 2\/x —9 Vr+3 2T +1
$>Bai 2. Cho bieu thitc: A = : (x> 0; 4; .
Cho biéu thic x_5\/§+6+2_\/§+\/__3,(x_0,a:7é ;x££ 9)

a) Ruat gon A.

b) Tim céc gid tri thich hop ctia z dé A > 2.

> Bai 3. Giai phuong trinh: v4x2 — 4z +1=17.

- . 1 )
$SBdi4. Cho ham sd y = 3% (dy) va ham s6 y = 2z — 3 (da).

a) Vé (do) trén mit phang toa do Ozy.
b) Tim toa do giao diem ctia (d;) va (dy) bing phép toan.

¢) Cho dudng thang (ds3): y = ax + b. Tim a va b biét (d3) song song véi (dy) va (d3) cat (dy)
tai diém c6 tung do bang —2.

\

[ — N\

> Bai 5. Cho duong tron (O; R). Tt diém A nam ngoai (O) ké hai tiép tuyén AB, AC véi (O)

(B, C 1a hai tiép diém).

a) Chiing minh ring OA la dudng trung tric ctia doan BC.

b) Goi D la giao diém ctia doan thang OA véi (O). Ké day BE ctia (O) song song véi OD, ké
ban kinh OF vuong géc véi C'D. Ching minh C, O, E thing hang va EF la tia phan giac
cia CED.

¢) Vé dusng tron (A; AD). Goi I, J lan lugt la giao diém ctia dudng thing ED va FD véi
duong tron (A) (I, J khac D). Ching minh rang CEF = JID.

d) Tinh do dai doan thing OA theo R dé t1t giac EFI.J la hinh binh hanh.

2. ptmirock 1 N



DE KIEM TRA HOC Ki I - Nam hoc: 2014-2015

Moé6n: Toan 9 - Thdi gian lam bai: 90 phit

$>Bdi 1. Cho biédu thitc

A:(\/E\/flJr\/QE\/fl_m?i): (1_\/5\/-5;1)

a) Tim diéu kien ctia x dé A c6 nghia. Rt gon A.

b) Tim x € Z dé A nhan gia tri nguyen.

$© Bai 2. Giai cac phuong trinh sau:

a) v4r +12 = /9x + 27 — 5.
b) v4x? -6z +1= |2z — 5|

o 2 1 1
9 Bai 3. Cho hai dudng thang (dy): y = —5% = 1va (dy):y= 57 +5b

a) Vé (d;) tren mit phang toa do (Owy).
b) Tim he 86 b biét (dy) cit truc hoanh tai diém c6 hoanh do bang —1.

c¢) Cho duong thang (ds): y = ax + 3. Tim a dé (d,), (dy) va (ds3) dong quy.

> Bai 4. T diém I ¢ ngoai dudng tron (O), ké mot dudng thang khong qua tam O va cat (O) &
A, B (IA < IB). Céc tiép tuyén véi (O) tai A va B cat nhau 6 M. Ké M H vuong goc véi OI tai
H, MH céat duong tron (O) tai C, D (MC < MD); AB cit MH, OM lan lugt tai N, K.

a) Chitng minh rang K la trung diém AB va bon diem M, O, B, H cung thuoc mot dudng
tron.

b) Chiing minh rang OH - OI = OK - OM.
¢) Chiing minh rang ID la tiép tuyén ctia (O).

d) Goi P, @ lan lugt 14 tam duong tron ngoai tiép céc tam giac NHK, CDK. Ching minh
rang IN - IK = IA - IB va PQ vuong goc véi OM.

B CHUONG 6. BE THI THAM KHAO



PE KIEM TRA HOQC KI I (Phong Gido Duc Quan 1) - Nam hoc 2015-2016

$> Badi 5. Tinh
1
a) V12 + 44/27 — /108 — Z‘/192'

(VI -3 \/10 3v/11

(V5 — 1)1/47 + 211/5
9+ 45 '

c)

¢ Bai 6. Gidi cac phuong trinh sau

a) V16 — 16z + 422 = 2.
b) vAz —8 + 2,0z — 18 — /162 — 32 = 8.

[ —
$>B&ii 7. Cho ham s6 y = g +5¢6 dd thi la (dy) va ham s6 y = —g c6 dd thi 1 (dy).
a) Vé (dy) va (do) trén cling mit phang toa do.

b) X4c dinh céc he s6 a,b biét dudng thing (d3): y = ax + b song song véi (d;) va (ds) di qua
diém M(—5;0).

<> Bai 8.

\/§+1+ 2V 245«
Ve—2  Jr+2 z—4

b) Chiao mimng ngay nha gido Viet nam 20/11/2015, dé t6 long tri an céc thay co giang day,
16p 9A trang tri 16p bing nhitng san pham tu ché, ban Du cit ba manh bia hinh vuéng c6
dién tich lan lugt 1a 21cm?, 23cm? va 88cm?. Dé phit hgp khong gian trang tri cho can ddi,
cac ban phai so sanh do dai clia canh manh bia lén nhat véi tong do dai hai manh bia con
lai. Lop trudng hoi cac ban trong 16p, ban nao c6 may tinh cam tay hay lam gitp déu nay.
That dang tiéc, ca 16p khong c6 ban nao dem theo may tinh cam tay. Néu ban ciing 13 mot
hoc sinh 16p 9A thi lic nay ban gitp 16p bang cach nao dé c6 két qua?

a) Rit gon biéu thic A =

(V6i x > 052 # 4).

> Bai 9. Cho diém A nam ngoai dudng tron (O; R). Vé hai tiép tuyén AB, AC vé6i duong tron
(O) (B, C la tiép diém). Vé duong kinh BD ctia (O), goi H la giao diém ctia OA va BC.

a) Chting minh réng BC 1. CD va OA 1 BC.

2. ptmirock 1 [N



b) Goi E la giao diém ctia AD va duong tron (O) (E khac D). Chiing minh ring OH -OA = R?
va DE - DA =40H - OA.

¢) Goi M la giao diém ctia BC va AD, N la giao diém ctia OA va BE. Chiing minh ring
MN J| BD.

d) Tiép tuyén tai D ctia dudng tron (O) cat BC tai F. Goi K la giao diém ctia AD va OF. Gia
st AB = /5R. Tinh do dai doan thing K FE theo R.

IS & cHuonG 6. BE THITHAM KHAO




PE KIEM TRA HOQC KI I (Phong Gido Duc Quéan 1) - Nam hoc 2016-2017

[ — \\

$>Bai 1. Tinh

) VIS — VB - v+ A2V

_2\/_'

) V@-vT \/8 3v/7

\/8—4\/5_
) T VV6+ V2.

[—
> Bai 2. Gii cac phuong trinh sau
a) /4(1 —2z)2 =6.
b) 4z —20—3 =5 —z.

$>Béii 3. Cho ham 86 y = 2z — 3 ¢6 dd thi 1 (d;) va ham 6 y = g c6 db thi L (dy).

a) Vé (dy) va (dy) trén cling mit phing toa do.

b) Tim gid tri ctia m dé duong thang (d3): y = —3x +m — 2 cat dudng thang (d;) tai diém c6
tung do bang —2.

\ e —
——

<> Bai 4.

a) Cho bidu thitc A = (\/_ o VEd ).(\/_ )
r—1 z+2yx+1 2
tinh gia tri 16n nhat cia A.

(v6i z > 0,2 # 1). Rat gon A roi

b) Mot can phong hinh vuong duge 14t biang nhitng vien gach men hinh vuong cung kich ¢,
vita hét 441 vien (khong vien nao bi cit xén). Gach gom hai loai men tring va men xanh,
loai men trang nam trén 2 duong chéo cia nén nha, con lai 13 men xanh. Tinh s6 vién gach
men xanh.

$>Bai 5. Cho duong tron (O; R) dudng kinh AB. Qua diém M thudc dudng tron (M khac A va
B) vé tiép tuyén v6i dudng tron, cit tiép tuyén tai A va B vdéi duong tron lan lugt tai C' va D.

a) Chiing minh rang AC' + BD = CD va COD = 90°.
b) Tinh tich AC - BD theo R.

c¢) Goi N la giao diém ctia BC va AD. Chitng minh ring M N vuong géc véi AB.

- P s ]. 2
d) MN cat AB tai K. Cho biét tan ABC = it Tinh do dai doan thang BK theo R.
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DE KIEM TRA HOQC KI I (Phong Gido Duc Quan 1) - Nam hoc 2017-2018

> Bai 1. Thu gon céc biéu thiic sau

1 2 3
a) A:(3—2\/§+\/_—2_2\/§)(\/§_4)'

b) B:(g;\i%9+\/§1+3+3—2\/§):(ﬁ+ jg_;f?)—?)) voiz > 0,z # 9.

—
¢ Bai 2. Gidi cac phuong trinh sau
W V=T 4622 =16+ /=8
b) V2 —3 = 4r - 3.
—

<> Bai 3.
N . 1
a) Vé do thi cia ham s6 y = 3% +2 (d).
b) Tim toa do giao diém M clia hai dudng thang (d) va (dy): y = 5 — 22 bing phép toan.

c¢) Viét phuong trinh dudng thang (dy): y = ax + b biét (dy) di qua diem A(—1;2) va cat (dy)
tai diém B c6 tung do bang 1.

9 Bai 4. Cho tam gidc ABC vuong tai A (AB < AC). Vé duong tron tam O duong kinh AC' cat
canh BC tai D. Goi H, K lan lugt la trung diém ctia doan thang AD va DC.

a) Ching minh tit gihc OH DK la hinh chit nhat.
b) Tia OH cit canh AB tai E. Ching minh ring DFE la tiép tuyén ctia dudng tron (O).

c¢) Tia OK cit dudng thang DE tai N va cat duong tron tam O tai I. Goi S 1a giao diém ctia
OB v6i AD. Dudng thing di qua S va vuong goc v6i AO cét tia OH tai T. Chting minh
rang AT vuong géc v6i BO va ba diém A, T, N thang hang.

> Bai 5. Dé chuan bi lam banh nhan dip Noel, ban An muén mua mot khay nuéng va mot bo
khuon tao hinh. Hai ctta hang A va B & canh nhau, cing ban hai mén do ban An mudn mua
v6i gia nhu nhau: khay nuéng gia 280000 dong/cai va bo khuon tao hinh gia 75000 dong/bo. Tuy
nhién, hai ctta hang lai c¢6 hai hinh thic khuyén mai khac nhau:

® Ctia hang A: khay nuéng dugc giam gia 10% va bo khuon tao hinh duge giam gia 20%.

@ Ctta hang B: tat ca san pham déu duge giam gia 15%.

Héi ban An nén mua & ciia hang nao dé c6 lgi hon?

B CHUONG 6. BE THI THAM KHAO



Pé kiém tra cudi HK1 nam 2019-2020, Phong GDDT Quan 1, TP.HCM

$>Badi 6. Tinh, riat gon.

1 4 3V2+6 14 3v2 — /6
a)g\/ﬁ_(j\/;LT' b) 8+4\/§+3+\/§— A

[ —
o . N 1 N
9 Bai 7. Cho hai ham s6 y =2z — 5 ¢6 do thila (d) vay = —3% c6 do thi la (d').
a) Vé (d) va (d') trén ciing mit phang toa do.
b) Tim toa do giao diém ctia (d) va (d') bang phép tinh.
B ———————
[ —
<> Bai 8.

Mot ngudi quan sat ¢ do cao h (km) so véi muyc nuée bién thi tam nhin xa
t6i da (km) c6 thé tinh béi cong thitc d = 80v/2h.

a) Néu mot ngudi dang di chuyén trén mot chiéc may dang bay & do cao
9300 (m) so véi mit nuée bién thi c6 tam nhin xa t6i da la bao nhiéu
km?

CASINY
Tam Trai Dat

b) Néu mudn nhin thay tin hi¢u ctia ngon den hai dang theo dudng thing
tit khodng cach xa nhat 13 32 (km) thi ngon hai dang phai dugc xay
& do cao bao nhiéu mét so véi mat nude bién? (két qua do dai lam
tron dén hang don vi).

| —
> Bai 9. Cang len cao khong khi cang loang nén ap suat khi quyén cang giam. Biét ring &p suat
khi quyén ¢ mat nude bién 1a 760 (mmHg) v& v6i nhitng do cao khong 16n 1dm thi cit 1én cao 12,5
(m) thi 4p suat khi quyén lai gidm 1 (mmHg). Do d6, & do cao h (m) thi ap suat p (mmHg) ctia
. h

khi quyéen duge tinh béi cong thic p = 760 — o5

a) Hay cho biét p c6 phai 1a ham s6 bac nhat doi véi bién s6 h khong? Vi sao? Em hay tinh

xem & Da Lat ¢6 do cao khodng 1500 (m) thi ap sudt ctia khi quyén la bao nhiéu?

b) Em hay tinh do cao clia dinh Phan Xi Pang, biét ap suat khi quyén tai noi nay do dugc la
508,56 (mmHg).

A\ ——
| —-

& Bai 10. Mot ve tinh nhan tao dia tinh chuyén dong theo “quy dao tron” cach bé mat Trai Dat
mot khoang 7200 (km), tam quy dao vé tinh trung véi tam O ciia Trai Dat. Ve tinh phat tin hi¢u
vo tuyén theo dudng thing dén mot vi tri trén mat dat.
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TRAI DAT ,'

a) Hoi vi tri xa nhat trén Trai Dat ¢6 thé nhan tin higu tit vé tinh nay cach vé tinh mot khoang
bao nhieu km? Biét Trai Dat duge xem nhu mot hinh cau c6 ban kinh khodng 6400 km.

b) Hay tinh do 16n nhat ciia goc ma tit vé tinh c6 thé truyén duge tin hieu dén Trai Dat (xem
hinh vé&). (S6 do goc lam tron dén do).
- A la vi trf ctia vé tinh.
- AB, AC la céc tiép tuyén ctia duong tron (O).
- Hai tiép diém B, C vi trf xa nhat tren Trai Dat c6 thé nhan duge tin hieu tit vé tinh.
- AH 1a do cao cia vé tinh.
- Géc BAC 1a goc 16n nhat tit vé tinh c6 thé truyeén tin hicu trén Trai Dat.

$>Bai 11. Tt mot diem A & ngoai dudng tron (O; R) vé hai tiép tuyén AB, ACv6i duong tron
(B, C la hai tiép diém). Goi H 1a giao diém ctia OA va BC.

a) Chitng minh bén diém A, B, O, C ciing nam trén mot dudng tron va OA vuong géc véi BC.

b) Ké duong kinh CD cia duong tron (O), AD cat dudong tron (O) tai E. Ching minh CE
vuong géc véi AD va DA-DE =4-0A-OH.

¢) Ké OK vuong goc v6i DE tai K, AD cit BC tai F. Biét R = 6 (cm) va OA = 6v/5 (cm).
Tinh do dai KF.

B & cHuonG 6. BE THITHAM KHAO



Pé kiém tra cudi HK1 nam 2020-2021, Phong GDDT Quan 1, TP.HCM

$>Badi 1. Tinh, rat gon

2 2 — 2
a) 2¢/24 — 6 __M. V7-3

3 V341
\ ——
P \

o . 2 R N
¢S Bai 2. Cho hai ham s6 y = 3% 1 ¢6 do thi (d) vay = —x +4 ¢6 do thi (d).

a) Vé (d) va (d') trén cuing mit phang toa do.

b) Tim toa do giao diém ctia (d) va (d') bang phép tinh.

| —

¢S Bai 3. Do Trai Dat hinh cau nén sy udn cong bé mat ciia né da ngian khong cho chiing ta nhin
xa qua mot khoang cach nhat dinh. Khodng cach d (tinh bang km) tit mot nguoi & vi tri ¢6 do cao
h (tinh bing mét) dén dudng chan troi duge tinh béi cong thic d = 3,57v/h.

a) Hoi tam nhin xa t6i da clia mot nguoi ding trén toa nha ¢6 do cao 461 m dén duong chan
troi bang bao nhieu km? (két qud lam tron dén hang don vj).

b) Mubn nhin thay tin hi¢u ctia ngon den héi dang ¢ dudng chan troi véi khoang céch xa nhat
theo duong thang 14 35 km thi do cao clia ngon hai ding la bao nhiéu mét so véi mat nudc
bién (két qud lam tron dén hang don vi).

N\
— \

~ . 2 2 1
& Bai 4. Deé doi nhiet do C (Celius) sang do F (Fahrenheit) ta dung cong thitc sau F' = 5(90 +
160), trong d6 C' la nhiét do tinh theo do C va F' la nhiét do tinh theo do F.

a) F c6 phai 1a ham s6 bac nhat ddi véi bién s6 C' khong? Néu F' 1a ham s6 bac nhat déi véi
bién s6 C, em hay xac dinh céc hé sd a va b clia ham s6 nay.

b) Biét nhiet do soi cud nude 1a 100 °C, em hiy tinh xem tuong ting bang bao nhiéu do F?

c¢) Biét than nhiet binh thuong ctia nguoi 1a 98,6 °F, em hay tinh xem tuong ting bang bao
nhiéu do C?

> Bai 5.
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Mot ban hoc sinh choi tha diéu ngoai dong, cho biét doan day tir tay A

ban dén diéu dai 125 mét va tao véi phuong ndm ngang mot géc bang
58°. Tinh do6 cao clia con diéu so véi méat dat biét tay ban hoc sinh cach N5
mat dat 2 mét (két qud lam tron dén hang don vj). B g0
2 | A
C D
e

4> Bai 6. Cho duong tron (O) c6 duong kinh AB va mot diem C' thuge dudng tron (C' khéc A va
B, AC > BC). Ké OH vuong goc v6i AC tai H, tia OH cit tiép tuyén tai A ctia duong tron (O)
6 D.

a) Ching minh DC la tiép tuyén ciia duong tron (O).
b) BD cit duong tron (O) tai E (E khac B). Chimg minh DC? = DB - DE.

c¢) Tiép tuyén tai B ctia duong tron (O) cit dudng thang C'D tai M. Duong thang qua C vuong
goc v6i AB cit BD tai I. Chting minh ba diém A, I, M thing hang.

B CHUONG 6. BE THI THAM KHAO
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