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Bai 50: Cho dwong tron (O;R) duong kinh AB. Trén tiép tuyén cia duong tron (O) tai
B lay diém M sao cho AB=BM . Duong thang AM cét duong tron (O) tai C, goi |
1a trung diém cua BM .
a) Chung minh C 1a trung diém cua AM .
b) Chang minh CI 1 tiép tuyén ctia duong tron (O)
c) Buong thang Al cdt duong tron (O) tai E. Ching minh tir giac MCEI ngi tiép.

d) Puong thang ME cit dudng tron tai diém thi hai la F. Chang minh ba diém C,0,F
thang hang. Tinh tich ME.MF theo R.

Giai:

M

a) Taco ACB 90 (Goc noitiép chan ntra duong tron )
AABM can tai B (AB=BM ) c6 BC la duong cao nén la duong trung tuyén
= C la trung diém cua AM .
b) Taco: CA=CM va IB=IM = CI la duong trung binh cia AABM .
= CI/IAB (1)
Theo tinh chat trung tuyén trong tam giac AAMB vuéng tai B
= CA=CB
= AABC can tai C ma CO la duong trung tuyén nén CO 1a duong cao
= CO L AB (2)

Tu (1) va (2) CI LCO
= CI latiép tuyén cia (O).
C) Taco: CEA= %COA = %.90o = 45° (Hé qua gdc noi tiép)
AABM wvubng can tai M = AMB =45°.
Do d6 AMB =CEA =45°,

Tt gidc MCEI ¢6 CMI +CEl = CEA+CEI =180° (K& bu)
= T giac MCEI ndi tiép



d)  Tacd EMI = EFC (GAc ndi tiép va goc tao bai tia tiép tuyén cung chan El)
= CF//IBM (So le trong).
Mat khac CO//BM (Cung vudng goc AB)
Qua diém C c6 CF//BM va CO//BM nén theo tién dé Oclit ta c6 C,0, F thiang
hang.
Xét AMBE va AMFB c6

BME chung.

MBE = MFB (Gd6c néi tiép va goc tao bai tia tiép tuyén cing chin EB).
— AMBE [J AMFB (g.9).

MB _MF
= —=—

ME MB
= ME.MF = MB? = AB? =(2R)’ = 4R?.

Bai 51:
i 51. Cho dudng tron (O ; R) va ddy BC c6 dinh. Goi A ld diém chinh gitra cia cung nho BC. Lay dié
bét ki trén cung nho AC, ké tia Bx vudng géc véi tia MA tai I va cat tia CM tai D.
Chimg minh MA la tia phan gidc cua géc BMD. 2 )
Chimg minh ring A 13 tm dudng tron ngoai tiép ABCD va géc BDC c6 d¢ 16n khong phy thudc va
tri diém M.
Tia DA ciit tia BC tai E va ciit dudmg tron (O) tai diém thir hai F. Chimg minh AB la tiép tuyén ci
ong tron ngoai tiecp ABEF. Y
) Chimg minh tich P = AE.AF khong ddi khi diém M di dong. Tinh P theo binkinh R va ABC=a.
Cho duong tron (O;R) va day BC co dinh. Goi A 1a diém chinh giita cung nhé BC .
Lay diém M bét ki trén cung nho AC, ké tia Bx vubng goc véi tia MA tai | va cat
tia CM tai D.
a) Chung minh MA Ia tia phéan giac caa géc BMD.,
b) Chung minh A la tim duong tron ngoai tiép ABCD va géc BDC c6 d6 16n khéng
phu thudc vi tri diem M.
c) Tia DA cit tia BC tai E va cit duong tron (O) tai diém tha hai F. Chang minh

AB la tiép tuyén caa duong tron ngoai tiép ABEF .
d) Chtng minh tich P = AE.AF khong d6i khi diém M di dong. Tinh P theo béan
kinh R va ABC =« .

Giai




b)

d)

Theo tinh chat goc noi tiép ta co: BMA:%S AB va BMC =%s BnC.

s BnC =360°—s BC =360°—2s AB (Vi A la diém chinh giira cung BC).

:>BMC=%(360°—2$ AB):1800—S AB.

DMB =180°— BMC (K& bu).
: 1800—(1800—3 AB):S AB

Tir (1) va (2) = BMA=%DMB:DMA (=%s AB).

= MA latia phéan giac cia géc BMD.

Taco AB=AC = AB=AC (Lién hé day va cung)

AMBD c¢6 MI la duong cao va duong phan gidc nén AMBD cén tai M .
= MI la duong trung tryc cua BD.

AeBD = AD = AB (Tinh chat duong trung truc)

Do d6 AB = AC = AD nén A la tim dudng tron ngoai tiép ABCD.
Theo tinh chat goc ngoai ABMC ta c6: BMC = MBD + MDB

BMC = 2.MDB (MBD = MDB do AMDB can tai M).

= MDB = % BMC = %s BnC (Khong d6i do day BC cb dinh).

Taco ABC = BFA (Céc gdc ndi tiép chin cac cung bang nhau, AC = AB).

ABEF c6 EFB = EBA vatia BA nim ngoai ABEF nén AB la tiép tuyén cua
duong tron ngoai tiép ABEF .

Xét AABE va AAFB co:

BAF chung;

ABE = AFB (Chang minh trén).
= AABE [ AAFB (g.g)

AB AE
->—=—
AF AB

= P = AE.AF = AB? (Khéng dbi).

Goi I 1a giao diém cua BC va AO.



AB = AC va OB =0C nén OA la dudng trung tryc cia BC = AIB=90".
Ké OH L AB tai H.

= AH =BH = % AB (Quan hé vudéng gbéc duong kinh va day).

AOIl = AOH (Cung phu OAH ).

AH = OA.sin AOH =OA.sin ABlI =R.sinc.
AB =2AH =2R.sina«.

P =(2Rsin a)2 =4R%sing .

Bai 52: Cho duong tron (0), hai dwong kinh AB va CD vudng géc véi nhau, M a
mot diém trén cung nho AC . Tiép tuyén tai S . Goi | 1a giao diém cua CD vaMB.

a) Chang minh t gidc AMIO nai tiép.

b) Chirng minh: MIC = MDB va MSD =2MBA.

c) MD cét AB tai K. Chang minh DK.DM khdng phu thudc vao vi tri caa diém M trén

cung AC .

b)

Giai:
S
C

D

Taco: AMI =90° (Gdc nai tiép chin nira dudng tron).

Xeét tir giac AMIO c6 AMI + AOI =90°+90° =180° ma hai goc nay dbi nhau
nén tu gidc AMIO noi tiép.

Vi hai duong kinh AB va CD vudng goc véi nhau nén
=s AC=s CB=s BD=s DA=90° (1)

MIC :%(s MC +s BD) (Géc c6 dinh nam bén trong duong tron) (2



=%(s MC +s Ac) (Do's AC=s BD).

zis MCB
2

Mt khéc MDB:%S MCB (Tinh chét goc ngi tiép)

= MIC=MDB.
Ta co: MBA:%S AM (Tinh chat géc noi tiép)
= 2MBA=s AM (3)

MSD =1(s MAD —s MC)
2

=%(s AM +s AD-s MC)=s AM (4)
Tu (3)va (4) suy ra MSD =2MBA.

c)  Tac6: ADOK# ADMC(g.9)

DO DK
>—=—
DM ~ DC
1 DC? . . i
= DK.DM = DO.DC = ~DC.DC == (Khong doi)

Bai 53

Cho duong tron (0) duong kinh AB .Goi K 14 diém chinh giita cung AB; M 14
diém Iuu dong trén cung nho AK (M khéc hai diém A;K ).Lay diém N trén doan
BM sao cho BN = AM

a)Chang minh AMK = BNK

b)Chung minh : tam gidc MKN la tam giac vudng can

¢)Hai duong thang AM va OK cat nhau tai D .Chirng minh MK 1a dwong phan giac
goc NMD

d)Chtng minh rang duong thang qua N vudng géc BM ludn di qua mot diém cb dinh
Loi gidi :
' D




